CHU PE 1. NGUYEN HAM
KIEN THUC CO BAN

I. NGUYEN HAM VA TiNH CHAT
1. Nguyén ham
Dinh nghia: Cho ham sb f (X) xac dinh trén K (K 1a khoang, doan hay nira khoang). Ham s6 F (X)

duogc goi la nguyén ham cta ham s6 f (X) trén K néu F'(x)= f (x) véimoi xe K.

Dinh li:

1) Néu F(X) 1a mot nguyén ham cua ham s6 f(x) trén K thi v6i mdi hiang s6 C, ham sb
G(x)=F(x)+C ciing la mot nguyén ham cua f(x) trén K.

2) Néu F(x) la mot nguyén ham cta ham s6 f (x) trén K thi moi nguyén ham cua f (x) trén K déu
co dang F(X)+C, véi C 1a mot hing sb.

Do d6 F(x)+C,C eR 14 ho tit c4 cdc nguyén ham cua f (X) trén K. Ky hi¢u I f(x)dx=F(x)+C.

2. Tinh chat ciia nguyén ham

Tinh chdt 1: ([ T (x )dx) =f(x)va [
Tinh chat 2: J-kf x)dx = kI x)dx véi k 1a hang s6 khac 0.
Tinh chit 3: I[f ]dx I dx+jg

3. Su ton tai ciia nguyén ham
Dinh li: Moi ham sé f (X) lién tuc trén K déu c6 nguyén ham trén K .

x)dx = f (x)+C

4. Bang nguyén ham ciia mot s0 ham so so cap

Nguyén ham ciia ham sé so cip Nguyén ham ciia ham s6 hop (u =u (X))

J'dx=x+C J.du:u+C
jx“dx:a—ﬂx“*1+c(a¢—l) _[u“du :a—+1u°‘*l+c(oc¢—l)
_[ldx:ln|x|+C _[ldu:ln|u|+C

X u
jexdx:eX+C _[e“du=e“+C
Ia dx—Ina (a>0,a=1) ja du—Ina (a>0,a#1)

jsm Xdx =—cosx+C

jsm udu =—-cosu+C

jcosxdx=sin x+C

jcosudu =sinu+C

dx=tanx+C

-[ cos? x

du=tanu+C

-[ cos?u

dx=-cotx+C

J.sinz X

du=-cotu+C

J-sinzu

Il. PHUONG PHAP TINH NGUYEN HAM
1. Phuong phap doi bien so

Djnh i 1: Néu [ f (u)du=F (u)+C va u=u(x) la ham s6 c6 dao ham lién tuc thi

_[ f (u(x))u'(x)dx="F(u(x))+C

Hg qua: Néu u=ax+b(a=0) thitaco [ f (ax+

2. Phuong phap nguyén ham tirng phin

b)dx=§F(ax+b)+C

Dinh Ii 2: Néu hai ham s6 u=u (X) vav= V(X) c6 dao ham lién tuc trén K thi




ju(x)v'(x)dx =u(x)v(x)—ju "(x)v(x)dx

Hay
judv = uv—jvdu
BAI TAP TRAC NGHIEM
Caul. Nguyénhamcuahamsé f(x)=x’+3x+2 la ham s6 ndo trong cac ham sé sau?
4 2 4
A. F(x)=%+%+2x+c. B. F(x)=%+3x2+2x+c.
x* X
C. F(x):7+?+2x+c. D. F(x)=3x*+3x+C.
Cau2. Hamsd F(x)=5x*+4x>—7x+120+C la ho nguyén ham ctia ham s6 nao sau day?
A. f(x)=15x*+8x-7. B. f(x)=5x*+4x+7.
2 3 2
C. f(x)=2X A X D. f(x)=5x"+4x—7.

4 3 2

n . 1.
Cau 3. Ho nguyén ham ciia ham s6: y = x*—3x+=la
X

3 3
A. F(x):x——§x2+ln|x|+c. B. F(x):x——§x2+lnx+C.
3 2 3 2
X 3, 1
C. F(x)=€+§x +Inx+C. D. F(x):Zx—S—F+C.
Cau4. Tim nguyén ham ciia hamsd f (x)=(x+1)(x+2)
X 3, X 2,
A. F(x)=—=+=x+2x+C. B. F(x)==+=x*+2x+C.
3 2 3 3
XX 2,
C. F(x)=2x+3+C. D. F(x):g—gx +2x+C.
R A s sk 2 2 3
Cau5. Nguyénham F(x) cuahamso f(x)= +=+— la ham s6 nao?
5-2X X X
A. F(x):—In|5—2x|+2In|x|—§+C. B. F(x):—In|5—2x|+2ln|x|+§+C.
X X
C. F(x)=In[5—2x|+2In|x|->+C. D. F(x)=—In[5—2x~2In|x+>+C .
X X
Cau 6.  Tim nguyén ham caa ham s f (x) =sin2x
A. J.sin2xdx=—£c052x+c. B. ISiﬂZXdX=ECOSZX+C.
2 2
C. J.sin2xdx:c052x+C. D. jsiandx:—c052x+C.
Cau 7. Tim nguyén ham cia ham sé f(x) = cos(3x+%).
A. jf(x)dx=%sin(3x+%j+c. B. If(x).dx=sin(3x+%)+c.
C. If(x)dx:—%sin(3x+%j+c. D. jf(x)dx:%sin(3x+%j+c.
Cau8. Tim nguyén ham cua hamsé f(x) =1+ tan? g
A. jf(x)dx=2tang+c. B. If(x)dx=tang+c.

1 X X
C. If(x)dx=§tan§+c. D. If(x)dx=—2tan§+c.



Cau 9.

Cau 10.

Cau 11.

Cau 12.

Cau 13.

Céau 14.

Cau 15.

Cau 16.

Cau 17.

Tim nguyén ham ciia ham sé f (x) =

A. J'f(x)dx:—cot(x+%j+c.

C. J.f(x)dx=cot(x+%j+c.

sinz(x+”j
3

1 V4
B. I f(x)dx=—§cot(x+§j+c.

D. J. f(x)dx:%cot(x+%j+c.

Tim nguyén ham caa ham sé f (x) =sin® x.cosx.

sin® x
+C.

Ajf()d

sin® x
+C.

cjf()d

Tim nguyén ham ctia ham s f(x)=e*—e™*

Aj dx e*+e*+C.
C_[ dxe—e+C

Tim nguyén ham ctia ham s f(x) =232,

2Y 1
A | f dx=|=| .————+C
I (X) X (9) In2—|n9Jr
2Y 1
C.|f dx=|=| .———+C
I (X) X (3) In2—|n9Jr

s 4
sin® x
+C.

B. [ f(x)dx=—

sin? x

D. j f(x)dx =—

9y 1
B. If(x)dx:(EJ '—In2—ln9+C

2\ 1
D.|f dx=|-| .————+C
I (X) X (9) In2+|n9Jr

Ho nguyén ham ciia ham s6 f (x) =e*(3+e7) la

A F(x)=3e"+x+C.
C. F(x) =3ex—eix+C.

B. F(x)=3e"+e*Ine*+C.
D. F(x)=3¢*—x+C.

Ham s6 F(x)=7e*—tanx la mot nguyén ham ctia ham s6 ndo sau day?

e—x
A f(x)=e"|7- :
() [ cos’ x}

C. f(x)=7e"+tan* x-1.

Tim nguyén ham ctia ham s§ f(x) =+/e*2.

A F(x dx_ xiyC.
C. [ f(x dx_ ol
Nguyén ham cua ham s6 f(x)=

A. j J2x-1+C.

m
C. '[f(x)dx: 5

+C.

Tim nguyén ham ciia ham s6 f(x) =

A [ f(x)dx=-23-x+C.

1

¢2x—1

B. [ f(x)dx=2V2x-1+C.
D. [ f(x)dx=-2J2x-1+C.

B. If(x)dx:— 3—-x+C.



C. [f(x)dx=2y3-x+C. D. [ f(x)dx=-3J3-x+C.

Cau 18. Tim nguyén ham cta ham s& f(X)=+/2x+1.

A [ (x dx_— (2x+1)\2x+1+C. B. [ f(x 2x+1)«/2x+1+C.
C. [ f(x =——x/2x+1+c D. | f(x \/2x+1+C

Cau 19. Tim nguyén ham ctua ham sé f(x) =+/5-3x.

A [ F(x dx_—— 5-3x)\5-3x +C. B. [ f(x dx——— 5-3x)\/5-3x..

C. [ f(x dx— (5-3x)4/5-3x. D. jf(x)dx:-%ﬂm.
Cau 20. Tim nguyén ham cuahamsd f(x)=3x-2.

A F(x dx_ (x-2)¥x-2+C. B. f(x)dx:—g(x—Z)E/E+C.

C'[ dx_ (x— 2)\/_2 D.'[f(x)dx ;(x 2)3+C

Cau 21. Tim nguyén ham ctia ham s6 f(x)=31-3x.

A F(x dx_—— 1-3x)31-3x +C. B. If(x)dx:—§(1—3x)»\3/1—3x+c.

w|N

2
C. [ f(x 1 3x)¥1-3x +C. D. [ f(x)dx=—(1-3x) 3 +C.
Cau 22. Tim nguyén ham ciia ham s f (x)=+/e* .
A [ F(x ZF B. [ f(x)dx=
2\/_
3x+2
C. '[ dx—B\/_ D. '[ +C
3x+2
Cau 23. Hamsb F( )=(X+1)2 VX+1+2016 1a mot nguyén ham ciia ham s nao sau day?
A. f(x)=g(x+1)\/x+1 B. f(x)=g(x+1)\/x+1+c
C. f(x):é(x+1)»\/x+1 D. f(x)=(x+1)Vx+1+C
Cau 24. Biét mot nguyén ham cta ham sé  f (x)= \/]%+l 1a ham s6 F(x) théa man F(-1)=
Khi d6 F(x) 1a ham s6 nao sau day?
A. F(x):x—gxll—3x+3 B. F(x):x—§«/1—3x—3
C. F(x):x—g»\/l—sx+l D. F(x):4—§\/1—3x
Cau 25. Biét F(x)=6+1-x la mot nguyén ham ctia ham sé f (x) = - . Khi d6 gia trj cia a bang
—X
1
A. -3. B. 3. C.6. D'E'

4.1.5. PHUONG PHAP NGUYEN HAM TUNG PHAN



Cau 26.

Céu 27.

Céu 28.

Cau 29.

Cau 30.

Cau 31.

Céau 32.

Céau 33.

Cau 34.

Cau 35.

Tinh F(x) = [ xsin xdx bing

A. F(x)=sinx—xcosx+C. B. F(x)=xsinx—cosx+C.
C. F(x)=sinx+xcosx+C. D. F(x) =xsinx+cosx+C.
Tinh Ix In? xdx . Chon két qua dung:

A. lx2(2ln2x—2lnx+1)+C. B. 1x2(2In2x—2Inx+1)+C.
4 2
C. lx2(2In2x+2Inx+1)+C. D. lx2(2ln2x+2lnx+1)+C.
4 2
Tinh F(x) = j xsin xcos xdx.. Chon két qua dung:
1. X 1 X .
A. F(x)==sin2x——co0s2x+C. B. F(x)==cos2x—-—sin2x+C.
8 4 4 2
1. X -1 . X
C. F(x)=zsm2x+§c032x+c. D. F(x):73|n2x—50032x+c.

Tinh F(x) = J. xe3dx . Chon két qua dung

A. F(x)=3(x—3)e? +C B. F(x)=(x+3)e®+C
C. F(x):XT_3e3+C D. F(x):XT*?'ea +C
Tinh F(X)=J. X2 dx . Chon két qua dung

COS” X
A.F(x)=xtanx+In|cosx|+C . B. F(x)=—xcotx+In|cosx|+C.
C. F(x)=—xtanx+In|cosx|+C . D. F(x) =—xcotx—In|cosx|+C.
Tinh F(x) = _[ x? cos xdx . Chon két qua dung

A. F(X)=(x*-2)sinx+2xcosx+C. B. F(x) =2x’sinx—xcosx+sinx+C .
C. F(x)=x*sinx—2xcosx+2sinx+C. D. F(X) = (2x+x?*)cosx—xsinx+C .
Tinh F(x)= j xsin 2xdx. Chon két qua dung

A F(X):—%(ZXCOSZX—Sin 2x)+C. B. F(X):%(ZXCOSZX—Sin 2x)+C .
C. F(x)=—%(2xcost+sin2x)+C. D. F(x)=%(2xc032x+sin2x)+c.
Ham s6 F(x) = xsin x+cosx+2017 1a mot nguyén ham ctia ham s nao?

A. f(X)=xcosx. B. f(x)=xsinx.

C. f(x)=—xcosx. D. f(x)=-xsinx.

Tinh Iw dx. Khang dinh nao sau day 1a sai?
X

A _1+In(x+1)+ln X |+C B —1+In(x+1)+ln X |+C
X x+1| X x+1|
C. —X—+1(1+In(x+1))+ln|x|+C D. —w—ln|x+ﬂ+ln|x|+c
X X
Hay chon ménh dé ding
X a+l

A.jaxdx: a +C(0<a=1). B.jx”‘dx: X +C,VaeR.

Ina a+l

D-f f(x)dx_jf(x)dx

C.[ £ ().g(x)dx = [ f (x)dx.[ g(x)dlx. el Tao0ax



Cau 36.

Cau 37.

Céau 38.

Cau 39.

Céau 40.

Cau 41.

Céau 42.

Cau 43.

Cau 44.

Céau 45.

Cau 46.

Ménh d& nao sau day sai?
A. jsin xdx =cosx+C.

aX

D. J.axdx = na

+C,(0<a=1l).

.z 1 N
Ham s6 f(x) =x®—x*+3+= c6 nguyén ham la
X

4 3

A. F(X):XZ—X?+3X+|I’]|X|+C.

C. F(x) :3x2—2x—%+c.

Ho nguyén ham ciia ham s6 f (x) =tan® x 1a

A.F(x)=tanx—x+C.
C.F(x)=tanx+x+C.

B. Ildx:ln|x|+C,x¢0.
X

C. Iexdx=eX+C.

3
B. F(x):x4—%+3x+ln|x|+c.

D. F(x) =x*—x*+3x+In|x/+C.

B.F(x)=—tanx+x+C.
D.F(x)=—tanx—x+C.

Ham s6 F(X)=7sinx—cos x+1 13 mot nguyén ham cta ham s6 nao sau day?

A. f(x)=sinx+7cosx.
C. f(x)=sinx—-7cosx.

B. f (x)=—sinx+7cosx.
D. f (x)=—sinx—7cosx.

Sin“ X C0s“ X
A.tanx—cotx+C. B. cot2x+C.
C.tan2x—x+C. D. —tanx+cotx+C.
, 1
Ham s6 F(x)=3x’ _T+_2_1 cd mot nguyén ham la
X X

A. f(x)=x3—2\/;—£—x.
X

C. f(x)=x3—2&+1.
X

X COS X
Hamso f(X)=—
SIn™ X

1 1

— B. ———.

4sin” x 4sin” x
Két qua tith.ZXxJS— 4x?dx bang

A.—%,/(5—4x2)3+c.
C.%,/(5—4x2)3+c.

Két qua I e""* cos xdx bang

Ae™ +C.
Tinh I tan xdx bang

A.—In|cosx|+C. B. In|cosx|+C.

Tinh I cot xdx bang

A.Inlsinx|+C.

B. cosx.e™ +C.

B. —Injsinx|+C.

B. f(x)=x3—\/;—1—x.
X

D. f(x)=x3—l\/§—1—x.
2 X

c6 mot nguyén ham F(x) bang

4 _4
C. . D. .
sin® x sin® x
B._3 (5—4x2)+C
8
1 2\3
D.-— (5—4x) +C.
12
C. e+ C. D. e™ 4 C.
C. 12 +C. D _1 +C.
COS™ X COS™ X
c_ 1 ¢ D._Lt ¢,




3

CAu 47. Nguyén ham cta hamsé y = 1 la
X_
1, 1, 1, 1,
A =X +=x +x+|n|x—]4+C. B. =x*+=x +x+|n|x+]4+C.
3 2 3 2
1, 1, 1., 1.,
C. =X +=x*+x+In|x-1]+C. D. X +>x*+x+In|[x-1+C.
6 2 3 4
2_
Cau 48. Mot nguyén ham ctia ham sd f(x):LxljL3 la
X+
XZ X2
A ?—3x+6ln|x+]4. B. ?+3x+6ln|x+]4.
NG NG
C. ?+3x—6ln|x+]4. D. ?—3x+6ln(x+1).
Cau 49. Két qua tinh I ! dx bang
X(x+3)
A 1inl*ic. B. - 1mlXlic.
3 |x+3 X+3
c. 2inX3 e, D. 2In|—>_|+c.
3 X 3 [x+3
Cau50. Kétqua tinhj L dx bang
X(x—3)
A TinX=3c. B. 1in[X*3,c.
3 X X
¢t ic. D. X ic.
3 |x+3 3 [x-3
Cau 51. Ho nguyén ham cua ham sb f(x):% la
X +X—-2
A. F(x)zllnx—_1+c. B.F(x):llniz+c.
3 |x+2 3 [x-1
C. F(x):lnx—_1+C. D. F(x):ln‘x2+x—2‘+c.
X+2
~ s s A 1-x ? R
Cau 52. Ho nguyén ham cia hamso f (x)=| — | Ia
X
1 1
A. F(x)=—==2In|x|+x+C. B. F(X)=—=-2Inx+x+C .
X X
1 1
C. F(x)==-2In|x|+x+C. D. F(x)=-=-2In|x|-x+C.
X X
Cau 53. Nguyén ham cia ham s6 f (x)=——— véi a=0 la
x*—a
A LinX=8c. B. LimX 8¢
2a [x+a 2a [x—-a
c. impf=2c. p. Lin[X*8l ¢,
a |x+a a |x-—a

Céau 54.

Biét F(x) la mot nguyén ham ctia ham s6 f (x) = :
8—-X
trinh F(x)=x c6 nghiém la

thoa man F(2)=0.Khi d6 phuong



Cau 55.

Céu 56.

Céu 57.

Cau 58.

Cau 59.

Cau 60.

Céau 61.

Céau 62.

Cau 63.

A x=1-43. B. x=1. C. x=-1. D. x=0.
Néu F(x)la mot nguyén ham ctia ham s6 f(x):il va F(2)=1thi F(3) bang

A. In2+1. B. Ing. C.In2. D. l
2 2
Biét F(x) la mot nguyén ham ctia ham s f (x)=+/In X+l.|n—X thoa man F (1) :%. Gia tri
X
cua Fz(e) la
A.g. B.l. C.g. D.E.
9 9 3 3
Nguyén ham F (x) ctiahamsb f (x)=2x+———thoa man F(%j=—1 la
sin® x
72'2 72'2
A.—cot X+ X* ——. B. cotx—x* +—.
16 16
2
C. —cotx+x°. D. cotx—x2 -2,
16
Tim nguyén ham ciia ham s6 f (x) = cos® x.sinx.
3 3
A [txdx=-"2"1cC. B. [ f(x)dx="2""+C.
A2 A2
C. [f(dx=—"2214C. D. [ f(dx="""4C.
Tim nguyén ham caa ham s6 f(X)=M.
cos2x -1
A. _[f(x)dx=—|n|sinx|+C. B. J'f(x)dx=ln|c032x—]4+C.
C. [ f(x)dx=In|sin2x|+C. D. [ f(x)dx=In[sinx|+C.
Tim nguyén ham ctia ham s6 f (X) =sin x.cos 2x.dx .
. 3
A. If(x)dx:ﬂ+cosx+c. B. Jf(x)dx:£0053x+lsin X+C.
3 6 2
3
C. J.f(x)dx=cos X fcosx+C. D. If(x)dx=%c053x—%sin x+C.
Tim nguyén ham ciia ham s6 f (X) = 2sin x.cos3x..
A J.f(x)dx:10052x—10034x+c. B. jf(x)dx:10052x+lcos4x+c.
2 4 2 4
C. jf(x)dx:20034x+30052x+c. D. jf(x)dx:30034x—3c052x+c.

Tim nguyén ham ciia ham s6 f (x) =sin® x.sin 3x.

A.If(x)dx=§ sm2x_sm4x _1 X_5|n6x ‘c.
8 2 4 8 6
B.J.f(x)dx:g sm2x_sm4x +1 X_sm6x ‘C.

8 2 4 8 6
C._[f(x)dx:l 5|n2x_sm4x _§ X_sm6x ‘c.
8 2 4 8 6
D.If(x)dx=§ sm2x+sm4x _} X+SII‘I6X ‘C.
8 2 4 8 6

Tim nguyén ham ctia ham s f (x) =sin® x.cos3x +cos® x.sin3x .



-3 3
A. | f(X)dx=—cos4x+C. B. | f(xX)dx=—cos4x+C.
J 1 0oax= [ 0gdx=—
-3 . 3.
C. | f(X)dx=—sin4x+C. D. | f(X)dx=—sin4x+C.
(R [ Sindx+ [0 L sindx+

Cau 64. Tim mot nguyén ham F(x) ctia ham s f(x) =sin? g biét F (%j = % .

A F(x)=X_sinx 1. B. F(x)=2, 3%, 3
2 2 2 2 2 2
C. F(x)=2X 8%, 1 D. F(x)=243NX >
2 2 2 2 2 2
Cau 65. Ham s6 f (x) =ex(|n2+8;2 Xj ¢6 ho nguyén ham la
A. F(x)=e"In2—cotx+C. B. F(x)=e"In2+cotx+C.
C. F(x):exln2+coszx+C. D. F(x):eXInZ—Coszx+C.
Cau 66. Hamso f(x)=3"—2"3" c6 nguyén ham bang
: $ _8 +C B. 3*In3(1+2*In2)+C.
In3 In6
.3 +3'2 +C. D.3+ 6 +C
In3 In6 In3 In3.In2
CAau 67. Mot nguyén ham F(x) cuaham sé f(x) = (e * +e*)? thoa man diéu kién F(0)=1 Ia
A F(x):—%ezx+%ezx+2x+1. B. F(X) =—2e +2e™ +2x+1.
C. F(x):—le’zx+iezx+2x. D. F(x):—ie’zx+£ezx+2x—l.
2 2 2 2
A s A 1n s s £ 2x—-1
Céu 68. Tim nguyén ham ctia ham s6 f(X) = T
X+
A. F(x)=2x-3In|x+1+C. B. F(X)=2x+3In|x+1+C.
C. F(x)=2x—-In|x+1]+C. D. F(x)=2x+In|x+1+C.
2
Cau 69. Tim nguyén ham ciia ham sb f(X)=M.
2x+1
A. F(x):%(zxﬂ)z+%|n|2x+14+c. B. F(x)=%(2x+1)2+5In|2x+1|+C.
C. F(x)=(2x+1)" +In[2x+1+C. D. F(x)=(2x+1)" ~In]2x+1+C.
3
Cau 70. Tim nguyén ham cia him s f (x) = ’)‘(2_’1‘.
+
A F(x)—x—z—ln(x2+1)+c B F(x)—x—2+ln(x2+1)+C
: =3 : : =3 :
C. F(x):xz—ln(x2+1)+C. D. F(x):x2+ln(x2+1)+C.
Cau 71. Tim nguyén ham ctia ham s f(X):#.
XInx+x
A. F(x)=In|iInx+1]+C. B. F(x)=In|lInx-1+C.
C. F(x)=In|x+1+C. D. F(x)=Inx+1+C.
e2x

Cau 72. Tim nguyén ham ciia ham s§ f(x) =

X +1°



A. F(x):ex—ln(ex+1)+C. B. F(x)zex+ln(ex+1)+c.
C. F(x):ln(ex+1)+C. D. F(x)=e"-¢e*+C.

' CHU DE 2. TICH PHAN
A. KIEN THUC CO BAN
1. Dinh nghia ’
Cho f Ia ham so lién tuc trén doan [a;b]. Gia st F la m0t nguyén ham cua f trén [a;b]. Hiéu so
F(b)—F(a) duoc goi la tich phédn tir a dén b (hay tich phan xac dinh trén doan [a;b] cua ham sb

b
f (x), ki hiéu la j f (x)dx.
a
b
Ta ding ki hi¢u F(x)° = F(b)—F(a) dé chi hi¢u s F(b)—F(a). Vay [ F(9dx= F(). =F(b)-F(a).
a

b b
Nhdén xét: Tich phan coa ham sb f tir a dén b c6 thé ki hiéu boéi j f (x)dx hay j f (t)dt. Tich phan do6
a a
chi phu thudc vao f va cac can a, b ma khong phu thudce vao cach ghi bién sé.
Y nghia hinh hoc cua tich phan: Néu ham s6 f lién tuc va khong 4m trén doan [a;b] thi tich phan
b

j f (x)dx 1a dién tich S ctia hinh thang cong gidi han boi d6 thi ham sé y = f(x), truc OX va hai duong

a
b

thang x=a,x=b. Vay S =j f (x)dx.
a

2. Tinh chit cia tich phin

a b a

1. jf(x)dx:O 2. jf(x)dx:-jf(x)dx
a a b
b c c b b

3. jf(x)dx+jf(x)dx:jf(x)dx(a<b<c)4. jk.f(x)dx:k.jf(x)dx (k eR)
a b a a a

b b b
5. j[f(x) + g(x)]dx =j f (x)dx ijg(x)dx .

B. KY NANG CO BAN
1. M@t s6 phwong phap tinh tich phan
I. Dang 1: Tinh tich phan theo cong thirc

Vi du 1: Tinh céc tinh phén sau:

1 1 1 1
NI P S N 0 1-[Z 20 d) 1= [ ox.
o 1+Xx) o X+1 ) o X+3 04X
Hudéng dan gidi
2 |—j dx fd@+x) 1 [ 3
J+x)° g +x° 2(L+x)?|, 8



1
b) 1= X x:£(1 Xiljdx (x —In(x+1))‘%):1—ln2.

1
0 IZJ-2x+9dX J.(ZJF%jdX (2x+3|n(x+3))|(1)=3+6In2—3ln3.
0

1d(4-x?
d) I=J‘4 szdx=_%£(—);)=|n|4—x2|‘2=ln%

Bai tap ap dung

1) Izj‘xe’(x4 ~1)°dx. 2) I=j(@+§/§+l)dx.

0

3) 1= [ xdx. 9 |—jﬁ =

Il. Dang 2: Dung tinh chét cin trung gian d¢ tinh tich phan
b b b
Sir dung tinh chét [[f (x)+g()]dx = [ f (x)dx+[ g(x)dx dé bo dau gid tri tuyst d6i.

2
Vi dy 2: Tinh tich phan I = | x+1|dx.
-2
Huéng din giai
X+1 -1<x<2

Nhén xét: [x+1 = ’ - .Do d6
-x-1, —-2<x<-1

-1 2 X2
| = 1|d 1|d 1dx=— [ (x+1)d 1)dx=—| =
j|x+ | dx = _[|x+ | X+I|X+ | dx I(x+)x+_jl(x+)x [2+x

-2 -2

Bai tap ap dung
3 2

1) 1= [|x* -4]dx. 2) 1= [1x*=2x* —x+2]dx.
4 -1

T

3 2 V4
3) I=(|2* —4]dx. 4) 1= [ 2|sinx|dx. B) 1 = [\/1+cos 2xdx.
0 0

T

2
I11. Dang 3: Phwong phap déi bién s6
1) Doi bien so dang 1

Cho ham sb f lién tuc trén doan [a;b]. Gia st ham s6 u= u(x) c6 dao ham lién tuc trén doan
[a;b] VA a<u(x)<p. Gia st ¢6 thé viét f(x)=gu())u'(x),x[a;b], vi g lién tuc trén doan
[«; B]. Khi d0o, ta co

u(b)

=_Tf(x)dx= [ g(udu.
a u(a)

2
Vi du 3: Tinh tich phan 1 = Isinz X C0s XdX .
0
Huwéng din giai

Ditu =sinx. Tacé du=cosxdx. Ddi can: x=0:>u(0)=0;x:%:u(%j:1.



/4

2 1 1
Khi d6 | =J'sin2xcosxdx:Ju2du=§u3 =
0 0

Wl

0
Bai tap ap dung

1
2) 1= jx«3/x+1dx .

1
1) 1 =J.x x? +1dx.
0

e
) Izj-«/lt(lnxdx
1

H 1= I 2x«/2+|nx

Diu hi¢u nhan biét va cich tmh tinh phan

Dau higu C6 thé dit Viduy
3
, 3
1 |Co.JT(x) - JTX |=jo%.95tt=\/x+1
X+
7 1 ~
2 | Co (ax+Db)" t=ax+b =I X(x+1)%®dx . Bat t=x-1
netanx+3
3 |Coa'™ t="f(x) =4 dx. Pat t=tanx+3
0 cos? x
4 |co Kvamx | L=Inx hogebicuthie |y e WX gy g
X chura Inx L x(Inx+1)
o R ’ In2
5 | C6 e*dx t=e" hodc bicu thirc | = On e2*\/3e* +1dx. Pt t =+/3e* +1
chira e*
6 | CO sinxdx t =cosx | =J‘055in3xcosxdx. Dit t=sinx
, : = sin®x 5
7 | CO cosxdx t =sin xdx | =| ————dx Pat t=2cosx+1
0 2cosx+1
. dx I—I dx = J' (1+tan? x) dx
8 | Co t=tanx 0
cos? x cos” x
Dat t =tanx
) K ecotx cotx 5
9 | Co _d>2< t=cotx =14 dx = e_ >—dx. Dat t =cotx
sin“ x gl—COSZX 2sin“ x

2) Poi bién so dang 2
Cho ham s6 f lién tuc va c6 dao ham trén doan [a;b]. Gia st ham s0 x =¢(t) c6 dao ham

va lién tyc trén doan [«; A1 sao cho ¢(a)=a,¢(8)=b va a<e(t)<b vdimoi te[a;A]. Khi
do:

b B
[ f(9dx=[ f (@) M)t
a a
Mot s6 phwong phap doi bién: Néu biéu thirc dudi diu tich phan c6 dang
1. Ja?-x?: dat x= a|sint; te‘:—%;%}
2. x2—a?: dat x:ﬂ, { = }\{0}
sint 2'2
3. Jx?+a?: x=|a|tant; te(—%;%j
fﬂ hoic fﬂ : dat x=a.cos2t
a—Xx a+X
Luwu y: Chi nén su dung phép dit nay khi cac ddu hiéu 1, 2, 3 di v6i X mii chin. Vi du, dé tinh

3
I thi phai ddi bién dang 2 con véi tich phan 1= XX
\/X +1

0 Jx?+1

thi nén doi

tich phan 1 =

bién dang 1.




Vi du 4: Tinh cac tich phan sau:
1 1
8) 1= [V1-xdx. b) 1= .
0 o 1+X
Huwéng din giai

a) Pat x=sint tacé dx=costdt. Doi can: x:0:>t=0;x=1:>t=%.

/4 V4

1 2 2 z
Vay | =_[ 1—x2dx=.[|cost|dt=J'costdt=sint|0 =1.
0 0 0

. x=0—>t=0

b) bat x=tant, taco dx=(1+tan2t)dt.B6i can: LT
x=1l->t==
4

1 % V4

dx - T

Vay | = =|dt=t|f="=.
£1+x2 -([

IV. Dang 4: Phwong phap tinh tich phan tirng phan.

Pinh Ii : Néu u=u(x) vd v=v(x) 13 hai ham s6 c6 dao ham va lién tuc trén doan [a;b] thi

b b
ju(x)v‘(x)dx = (u(x)v(x))|z - J'u '(X)v(x)dx,

b b b
hay viét gon la Iudv =uv[’ —Ivdu . Cac dang co ban: Gia su can tinh | = J. P(x).Q(x)dx
a a a

P(x): Pa thire

dau tich phan dudi dau tich phan

Cach | * dv la Phan con lai | * dv 1a Phin con |~ u=In(ax+b)
dat cia biéu thic dudi |lai cia biéu thuc | * dv= P(x)dx

lh)ngT:g Q(): sin(ke) hay | P0O: Pa thike P(x): Pa thire | P Dalth""c .
cos(kx) Qx): " Q):In(ax-+b) | QX): sin? x hay cos? X
* u=P(x) * u=P(x) * u=P(x)

* dv 1a Phan con lai cta
biéu thirc dudi dau tich
phan

T

e-1

2
Vi du 5: Tinh céc tich phan sau : a) I = [ xsin xdx. b) 1= [ xIn(x+1)dx.
0 0

Huéng din giai

u=x , [du=dx
a) bat . tacé .
dv =sin xdx V =—CO0S X
2 5 2 .
Do d6 | =J'xsin xdx = (—xcos x)[¢ +Icosxdx=0+sinx|§
0 0
u=In(x+1) du= 11dx
b)Pit i ta co X+
dv = xdx v x? -1

2

=1.




Cau 1.

Cau 2.

Cau 3.

Céau 4.

Caub.

Céu 6.

Cau 8.

1 e-1

xIn(x +1)dx = {In(x+l) x22—1}

.
=]

0
e’ —2e+2 1e’-4e+3 e’ +1

2 2 2 4
Bai tap ap dung

0 0

/4

1 2 27 1
1) 1 :I(2x+2)exdx. 2) 1 =_fo.cosxdx. 3) 1= j xz.singdx. 4) I:I(x+1)2ezxdx.
0 0 0 0

I1 -BAI TAP TRAC NGHIEM

Cho hai ham sé f, g lién tyc trén doan [a;b] va s thuc k tuy y. Trong cac khing dinh sau,
khang dinh nao sai?

A. j.[f(x)+g(x)]dx:jl f(x)dx+j.g(x)dx. B. j-f(x)dx:—jlf(x)dx.

C. _b[kf (x)dx = ki f (x)dx. D. ixf (X)dx = xi f (x)dx.

Cho ham sd f lién tuc trén R va sb thuc duong a. Trong céac kh:fmg dinh sau, khéng dinh nao

luén dtng?

A _Tf(x)dx:O. B. jf(x)dx:l. C. Tf(x)dx:—l. D. jlf(x)dx: f(a).

1
Tich phén Idx c6 gia tri bang
0
A -1 B. 1. C.0. D. 2.

a
Cho s6 thyc a théa min j e*'dx =e? -1, khi d6 a c6 gia tri bang
-1

A 1l B. -1. C.0. D. 2.

Trong cac ham s dudi ddy, ham s nao co tich phén trén doan [0; ] dat gia tri bang 0 ?

A. f(x)=cos3x. B. f(x)=sin3x.
C. f(x):cos(5+ﬁj. D. f(x):sin(fﬂj.
4 2 4 2
Trong céc tich phan sau, tich phan nao c6 gia tri khac 2?
e? 1 V3 2
A. Iln xdx . B. Ide. C. Isin xdx . D. dex.
1 0 0 0
, i 1 2
Trong cac ham s6 dudi day, ham s6 nao thoa man J. f(x)dx = J. f(x)dx?
-1 -2
A. f(x)=¢e". B. f(x)=cosx. C. f(x)=sinx. D. f(x)=x+1.

5
Tich phan | = J.% c6 gia tri bang
X

2

A. 3In3. B.lln3. C.In=. D. In=.
3 5



Cau 9.

Céu 10.

Cau 11.

Cau 12.

Cau 13.

Céau 14.

Cau 15.

Céau 16.

c6 gia tri bang

A.lln—. B. 2In3. C.llnS. D.2In1.
2 3 2 3

0
Néu j(4—e’x’2)dx: K —2e thi gia tri cia K la
o)

A.12,5. B. 9. C. 11. D. 10.

1

Tich phan 1 = [———

dx c6 gia tri bang
0 XT—X=2

A. w B. —w. C. 2In2. D. 2In2.

3 3

5 5
Cho ham s6 f va g lién tyc trén doan [1;5] sao cho If(x)dx= 2 va Ig(x)dx:—4. Gia tri
1 1

5
cia [g(x)~ f(x)]dx Ia
1
A. —6. B. 6. C.2. D. -2.
3 3
Cho ham sé f lién tuc trén doan [0;3]. Néu j f (x)dx =2 thi tich phan j x—2f(x)]dx c6 gia
0 0

tri bang
A T. B. g C. 5. D.

N |-

5 3 5
Cho ham s6 f lién tuc trén doan [0;6]. Néu j f(x)dx =2 va j f(x)dx =7 thi j f (x)dx c6 gia
1 3

1

tri bang
A. 5. B. -5. C. 9. D. -9.
Trong cac phép tinh sau day, phép tinh nao sai?
3 3 2 _
A. Jexdx:(ex)L. B. J‘de:(ln s
1 -3 X
2 2z 4 X2 ’
C. jcosxdx:(sinx)|ﬁ : D. I(x+1)dx:(?+xJ .
V4 1 1

Cho ham sé f lién tuc trén doan [a;b] c6 mot nguyén ham 1a ham F trén doan [a;b]. Trong

cac phat biéu sau, phat biéu nao sai ?
b
A j f (x)dx = F(b) - F(a).
B. Iaz'(x) = f(x) voi moi x e (a;b).
C. T f(x)dx = f(b)—f(a).
b

D. Ham s6 G cho boi G(x) = F(X)+5 ciing thoa man J- f(X)dx=G(b)-G(a).

a



Cau 17.

Cau 18.

Cau 19.

Cau 20.

Xét ham s6 f lién tuc trén R va cac sd thyc a, b, ¢ tiy y. Trong cac khang dinh sau, khing
dinh nao sai?

A. T f (x)dx =T f(x)dx—T f(x)dx. B. T f (x)dx =j f (x)dx+} f (x)dx.
C. j). f (x)dx =i f(x)dx—T f(x)dx. D. i f (x)dx :j f (x)dx—j f(x)dx.

Xét hai ham s6 f va g lién tuc trén doan [a;b]. Trong cdc ménh dé sau, ménh dé nao sai?

b
A.Néu m< f(X) <M vxe[a;b] thi m(b—a)sjf(x)dng(a—b).
) b
B.Néu f(x)>mvxe[ab] thi | f(x)dx>m(b—a).
, b
C.Néu f(X)<M Vxe[a;b] thi If(x)dst(b—a).

b
D. Néu f(x)=m Vxe[a;b] thi j f (x)dx = m(a—h).

Cho hai ham s6 f va g lién tuc trén doan [a;b] sao cho g(x)=0 vdi moi x €[a;b]. Xét cac
khang dinh sau:

l. i[f(x)+g(x)]dx:i f (x)dx+jlg(x)dx.

b

1. I[f(x)—g(x)]dx=j f (x)dx—ig(x)dx.

a

Il _T[ f (x).g(x)]dx :jl f (x)dx.j)- g(x)dx.

f (x)d
v 100 1%
2 909 j.g(x)dx

Trong céac khéng dinh trén, c6 bao nhiéu khfmg dinh sai?
A 1l B. 2. C. 3. D. 4.

3

Tich phéan I X(x—1)dx co gia tri bang voi gia tri ctia tich phan nao trong cac tich phan dudi
0

day?

2 3z Inﬁ T
A J(€+x-3)dx.  B.3[sinxdx. C. [ e¥dx. D. [cos(3x+7)dx.
0 0 0 0

CHUONG III. PHUONG PHAP TQA PO TRONG KHONG GIAN
BAI 1. TQA PO TRONG KHONG GIAN

C. LY THUYET
1. H¢ truc toa dd trong khong gian



Trong khong gian, xét ba truc toa d0 Ox,0y,Oz vudng géc voi nhau ting doi mot va chung mat
diém géc 0. Goi T, ], k 1a cac vecto don vi, trong g trén cac truc Ox,0y,Oz . HE ba truc nhu vay
goi 1a hé truc toa do vuong goc trong khdng gian.
Chiy: i =j=K=1 va i.j=ik=Kj=0.

2. Toa dd cua vecto
a) Dinh nghia: U= (X, y; z) U =xi+y]j+zk :

b) Tinh chit: Cho a=(a,;a,;a,), b=(b;h,;h,), keR

e d+b=(a+h;a,+h,;a,+h,) k(0:0:1 i
e ki = (ka ; ka,; ka,) //—;(',/r/ .
= . J(0:L0)
N a=ho AT -
ea=b<qa,=h, | :c- I//
a; = bs X i (];O;b)
e 0=(0;0;0), I =(,0;0), j =(0;,0), k = (0;0;)
o a cing phuong b(b20) < a=kb (keR)
a =kb, .
& 18, =kb, ©3=b—2=%, (b, by, b, #0)
aS=kb3 bl 2 3
edb=ahb+ab,+ab, ealb < ab+ab, +ap, =0
e & =al+a;+a; o lal=a’+a; +a;
ab 2 +aph, + &b, (v6i &, b #0)

e cos(d, b) =—— =
lal.lbl \/af +al +a32.\/bf +bZ +b?
3. Toa d9 clia diém
a) Pinh nghia: M (x; y; z2) & OM = xi+ y.]+Z.E (x : hoanh do, y : tung do, z : cao do)
Chiy: eMe(Oxy)<z=0;M e(Oyz)<>x=0;M e(Oxz)<>y=0
e MeOX=y=2=00MeOy=>x=2=00M 0z <= x=y=0.
b) Tinh chat: Cho A(X,; V,; Z,), B(Xg; Vs Z5)
s A_B’Z(XB_XA;yB_yA;ZB_ZA)
e AB = \/(XB _XA)2 +(Ys - YA)2 +(25 - ZA)2

e Toa do trung diém M cua doan th'fmg AB: M (

XA+XB.yA+yB.ZA+ZB)
2 2 2
e Toa d6 trong tam G cua tam giac ABC:
G(XA+XB+XC_yA+yB+yC_zA+zB+zC)
3 ’ 3 ’ 3
e Toa dd trong tam G cua tir dién ABCD::
G(XA+XB+XC+XD.yA+yB+yc+yD.ZA+ZB+ZC+ZCJ

4 4 4

Chuy:

— Tich vd hwéng cua hai vecto thuong sir dung dé chimg minh hai dudng thang vudng goc, tinh
goc giira hai duong thang.

— Tich ¢é hwdng cua hai vecto thuong st dung dé tinh dién tich tam giac; tinh thé tich khoi t&
dién, thé tich hinh hop; chimg minh cac vecto dong phing — khong dong phang, ching minh cac
vecto cung phuong.



Céu 1:

Céu 2:

Céu 3:

Cau 4:

Cau 5:

Céau 6:

Cau 7:

Cau 8:

Trong khong gian véi hé toa d6 Oxyz, cho hai véc to a(a;a,;a;),b(l;b,;b,). Chon khing
dinh sai.
A. k-5=(kai;kaz;kag). B. 5+5=(a1+bl;az+b ;a,+b,).

C.ab=ah +ab, +ah,. D. ‘5‘2 =Ja’+a,’ +a?.

Trong khéng gian vai hé toa do Oxyz, cho tam gidc ABC c6 ba dinh A(2;L‘—3), 8(4;2;1),
C(30:5) va G(abic) la trong tdm cua tam gidc ABC . Tinh gid tri biéu thirc P =ab.c ?
A. P=0. B. P=3. C. P=5. D. P=4.

Trong khong gian véi hé toa d6 (O; 1, j, k), cho hai vecto a =(1,2;3) va b =2i—4k. Tinh

toadd vecto U=a —b

A u=(-127). B. u=(-163). C.u=(-L2-1). D.u=(-1-23).
Trong khong gian véi hé toa do Oxyz, cho A(l;l; O), B(O; 5;0), C(2;O;3). Tim toa do trong
tam G
cua tam giac ABC.
A. G(L21). B. G(§;3;§j.

2 2
C. G(36;3). D. G(312).

Hai diém M va M’ phan biét va ddi xang nhau qua mit phang Ozy . Phét biéu nao sau day 1a
dang?

A. Hai diém M va M 'cé cung tung do va cao do.

B. Hai diém M va M 'c6 cling hoanh d6 va cao do.

C. Hai diém M va M 'c6 hoanh d¢ d6i nhau.

D. Hai diém M va M '¢6 cung hoanh d¢ va tung do.

]Trong khéng gian Oxyz , cho diém M(1;2;3) . Tim toa d6 hinh chiéu M 1én tryc OX.

A. (2;0;0). B. (10;0). C. (3,0;0). D. (0;2;3).

Trong khdng gian véi hé toa d6 Oxyz, cho diém M (12;3). Tim toa do diem N dbi xing véi
diém M qua mat phang (Oxy)

A. N(-1-2;-3). B. N(1,2;0). C. N(-L-23). D. N(3;,2;,-3).

Trong khdng gian véi hé truc toa do Oxyz, cho hai vecto G:(m;—z;m+1) va

v=(3;—2m—4;6). Tim tat ca cac gia tri cia m dé hai vecto u;v cing phuong.
A. m=0. B.m=2. C. m=1. D. m=-1.



Cau 9:

Céu 10:

Céu 11:

Cau 12:

Cau 13:

Céu 14:

Céu 15:

Cau 16:

Céu 17:

Cau 18:

Céau 19:

Trong khdng gian vai hé toa d6 Oxyz, cho hai diém A(0;-2;3), B(1;,0;-1). Goi M la trung
diém doan AB. Khing dinh nao sau day la dang?
A. BA=(-1-2,-4). B. AB=+2L C. M(L-11). D. AB=(-1-2;4).

Trong khong gian toa do Oxyz V&i i, j,K 1an lugt 1a cac vécto don vi cua cac truc Ox, Oy, Oz .

Biéu thuc i.j +k.j —i.k nhan gi4 tri nao sau day?

A 2. B. 3. C.0. D. 1.
Céau nao sau day sai?
A a=-3i+]+ikoaz|-311) B. 5:&—5]@5:(1;0;—5)-
2 2 2 2
g e -~ g g 2”. g e - 2
C.a=2i-3j<a=(2;-3;0). D. a:gj+k—3|c>a:£—3;g;lj

Trong khéng gian Oxyz , tim toa do cua vécto u=i+ 2] —K.
A u=(12-1). B. u=(-121). C.u=(21-1). D. u=(-112).

Trong khéng gian véi hé toa do Oxyz, cho diém M (2;—1-3). Tim toa do diém M’ ddi xing
véi M quatryc Oy .
A. M'(-2;-1-3). B. M'(-2;-13). C. M'(2-13). D. M'(21-3).

Trong khong gian vai hé truc toa do Oxyz cho A(12;0); B(3;-11) va C(11;1). Tinh toa do

trong tdm G cua tam giac ABC.

A G EEE . B. G(—ig;gj. C.G §_EE) G(g;—g;—gj.
333 333 3 33 3 3 3

Trong khéng gian Oxyz , tim toa do cua vécto Uu=i+ 2] —k.

A u=(32-1). B. u=(-121). C.u=(21-1). D. u=(-112).

Trong khong gian véi hé toa dd Oxyz , cho diém M (2;-1;-3). Tim toa do diém M’ ddi xing
véi M quatruc Oy .

A. M'(-2;-1-3). B. M'(-2;,-13). C. M'(2,-13). D. M'(21-3).

Trong khong gian vai hé truc toa do Oxyz cho A(12;0); B(3;-11) va C(1;1;1). Tinh toa do
trong tim G cua tam giac ABC.

A G(§ggj B. G(—§;E;gj. G(§;—3;3j. GF;—E;—EJ.
333 333 3 33 3 3 3
Trong khong gian véi hé toa do Oxyz, cho OM =(1,5;2), ON =(3;7;-4). Goi P la diém

ddi xang voi M qua N . Tim toa d6 diém P.
A. P(5;9;-10). B. P(7;9;-10). C. P(5;9;-3). D. P(2;6;-1).
Trong khang gian véi hé toa dd Oxyz, cho hai véc to U =(~13;-2) va v=(2;5-1). Tim toa

do cua vécto a=2u—3v



Céau 20:

Céu 21:

Céau 22:

Céu 23:

Céu 24:

Céu 25:

Cau 26:

Cau 27:

Céau 28:

Céau 29:

A. a=(-89;-1). B.a=(-8-91). C.a=(8-9-1). D.a=(-8-9-1).

Trong khong gian véi hé toa do Oxyz, cho hai diém A(-2;12),B(6;—3;—2). Tim toa do trung
diém E cua doan thang AB.

A. E(2-10). B. E(2,1,0). C. E(-2,1,0). D. E(4-2-2).
Trong khong gian véi hé toa d6 Oxyz , cho OA= 2?—3]+7l2 . Tim toa d6 diém A.

A. A(-2-37). B. A(2,-3,-7). C. A(2:37). D. A(2,-3;7).

Trong khong gian vai hé toa do (O; i, ] IZ), cho hai diém A, Bthéa midn OA=2i — j+k va

0 J
1 3 o 1
A. M[—E; 1 —2}. B. M(E; 0; —1). C. M(3,0; -2). D. M(E; -1 2).

Trong khdng gian voi hé toa do Oxyz, cho A(L-3;2), B(0;L-1), G(2;,—L1). Tim toa do
diém C sao cho tam giac ABC nhan G la trong tam.

A C(l;—l;%j. B.C(3-32).  C.C(5-12).  D.C(LLO).

Trong khong gian véi hé toa do Oxyz, cho diém A(12;3), trén truc Oz lay diém M sao cho
AM =+/5. Toa d6 cua diém M Ia
A. M (0;0;3). B. M (0;0;2). C. M(0;0;-3). D. M(0;3;0).

Trong khong gian véi hé toa do Oxyz, cho hinh hop ABCD.A'B'C'D’. Biét A(l;o:l),

B'(2;1;2)’ D'(l;_l;l), 0(4;5;_5). Goi toa do cua dinh A’(a;b;c)‘ Khi d6 2a+b+c bing
A. 3. B.7. C.2. D. 8.

Trong khong gian véi hé truc toa do Oxyz cho diém I(-5;0;5) la trung diém ciia doan MN ,
biét M (1,—4;7). Tim toa do cta diém N .

A. N(-10;4;3). B. N(-2-2;6). C. N(-1L—4;3).  D. N(-114;3).
Trong khong gian voi hé toa d6 Oxyz, cho ba diem M (0;1,2), N(7;3;2), P(-5,—3;2). Tim
toa do diém Q théa man MN =QP.

A. Q(125,2). B. Q(-125;2). C.Q(-12-52).  D.Q(-2-L2).
Trong khong gian véi hé toa do Oxyz, cho tam giac ABC cd A(1;2;—-1), B(3;0;3). Tim toa do
diém C sao cho G(2;2;2) latrong tam tam giac ABC.

A. C(2;4;4). B. C(0;2;2). C. C(8;10;10). D. C(-2,-4;,-4).
Trong khdng gian vai hé truc toa dd Oxyz , cho hinh hop ABCD.A'B'C'D’ . Biét toa do cac dinh
A(-3;2;1),C(4;2;0), B'(-211), D'(3;54). Tim toa do diém A’ cua hinh hop.

A. A(-331). B. A'(-3-33). C. A(-3-3-3). D. A'(-3,33).



Cau 30:

Céau 31:

Céau 32:

Céu 33:

Cau 34:

Céu 35:

Céau 36:

Céau 37:

Cau 38:

Céau 39:

Trong khong gian véi hé toa do Oxyz, cho hai diem A(3;2;-1),B(5;4;3). Ki hi¢u diém M

thudc tia d6i cua tia BA sao cho %:2. Toa d6 cua diém M 1a
INEEa) B.[-2-2M) ¢ (767). D. (13,1L5).

3 33 3
Cho ba vecto khong déng phing 2=(123) b=(-L-31) c=(2-L4) . 4

Vectod - (_3; -4 5) phan tich theo ba vecto khong dong phang a,b,cl

A.d=2a-3b-c. B.d=2a+3b+c. C.d=a+3b-c. D.d=2a+3b-c.
Trong khong gian véi hé toa dd Oxyz, cho hinh binh hanh MNPQ ¢é M (2;0;0), N(0;-3;0),
P(0;0,—4). Tim toa do diém Q.

A. Q(-2,-3,4). B. Q(2,3,-4). C. Q(-2-34). D. Q(4;4,2).

Trong khong gian véi hé truc toa d Oxyz, cho ba diém A(3;2;1),B(1;-1;,2),C(1;2;-1). Tim toa
do diém M thoa man OM =2AB- AC .

A. M(-2; 6; —4). B. M(2; -6; 4). C. M(-2; —6; 4).  D. M(5; 5; 0).

Trong khong gian vai hé toa d6 Oxyz , cho ba diém A(L;0;—-2), B(2;1;—1). Tim d¢ dai cia doan
thing AB ?

A. 2 B. V18 C. 2J7D.\3
Trong khdng gian véi hé toa dd Oxyz , Cho ba vecto a=(1;2;1), b=(-3;5;2),c =(0;4;3). Tim
toa do cuavecto n=a+b-2c-3k va d6 dai cua vecto n=a+b-2c-3k?
n=(2;,-1-6) n=(-2;1-6) n=(-2;-16) [n=(-2;-1-6)
A 4 B. 1. C.{. D.{,-
‘n‘:\/ﬁ ‘n‘:\/ﬂ ‘n‘:\/ﬁ \n\:m

Trong khong gian véi hé toa d6 Y2, cho ba vecto @ =@ 21) b=(=352),c=(043) T3y, 4o

dai cua vecto m= 25_36+46+5] ?

A. /258 B. 4825 C. 4528 D.+/285
Trong  khong gian véi  hé toa do  OYZ,  cho  bén  didm
A(2,0,0) B(0:2,0) C(0;0,2) 3 D(Z2:2) Tim han mat chu ngoai tiép ta dien ABCD?
A.3B. 3 C. V3 D. 2

2 g

Trong khang gian véi hé toa @6 Y2, cho ba diém ALZ-D BE04) C2ZL-1) ps gaj

duong cao ha tir dinh A cua AABC la:

5 33 50
A. —+/6 B. .= C.5J3D.,[—=
9\/_ 50 V3 33

Trong khong gian véi hé toa do Oxyz, cho hai vecto a(4;-2;-4),b=(6,-3;2) thi

‘(25 — 35)(5 + 25)‘ cé giatrila:



Cau 40:

Céu 41:

Cau 42:

Céau 43:

Céu 44:

Céau 45:

A. 200 B. 4200 C. 200? D. 200

Trong khong gian v6i hé truc toa dd Oxyz, cho diém A(3;0;-2) va mat cau
(S):(x=1)" +(y+2)" +(z+3)° =25. Mot dudng thang d di qua A, cit mat ciu tai hai diém
M, N . D6 dai ngan nhat cia MN 14

A. 8. B. 4. C.6. D. 10.

Trong khong gian véi hé toa dd Oxyz, cho hinh hép ABCD.AB'C'D’ c6 A(2,13)

B(0:-1-1). C(=1-20). D'(3-21) Tnh thé tich hinh hop.

A. 24. B. 12. C. 36. D. 18.

Trong khong gian véi hé toa do Oxyz, cho hinh hép ABCD.AB'C'D’ c6 A(213)

B(0:-L-1). C(-L-20). D'(3-21) 51 tné ich hinh hop.

A. 24. B. 12. C. 36. D. 18.

Trong khdng gian Oxyz, cho diém A(-2;2;-2),B(3;—3;3). M la diém thay doi trong khong

gian théa man % = % Khi d6 d6 dai OM 16n nhit bang?

A. 1243. B. 64/3. C. %. D. 543.

2
Cho tam gidc ABC voi A(L;2;-1), B(2;,-13), C(-4;7;5). B dai phan giéc trong cua
AABC ké tir dinh B la

A.@. B.@. C.@. D. 2430 .

5 3 3

Trong khong gian véi hé toa do Oxyz, cho ba diém 4 0;0;0 , B 0;1;1,C 1;0;1. Xét diém D
thugc mat phang Oxy sao cho tir dién ABcD 1a mot tir dién déu. Ki hiéu D x,;v,;z, 12 toa do
cta diém D. Tong x, +y, bang:

A. 0. B. 1. C. 2. D. 3.



HUONG DAN GIAI o
CHU PE 1. NGUYEN HAM

D. BAI TAP TRAC NGHIEM

Cau 73.

Céu 74.

Céau 75.

Céau 76.

Cau 77.

Nguyén ham ctia ham s6 f (x)=x*+3x+2 1a ham s6 nao trong cac ham s6 sau?

4 2 4

A. F(x)=%+%+2x+c. B. F(x)=%+3x2+2x+c.
xt X

C. F(x):7+?+2x+c. D. F(x)=3x*+3x+C.

Huéng din giai: Str dung bang nguyén ham.
Ham s6 F(x)=5x°+4x"—7x+120+C 1 ho nguyén ham ctia ham s6 ndo sau day?

A. f(x)=15x"+8x-7. B. f(x)=5x*+4x+7.
2 3 2

C. f(x)=2X 2 X D. f(x)=5x"+4x—7.
4 3 2

Huwéng din gidi: Liy dao ham ctia ham s6 F (X) ta duoc két qua.

A Tl e T oA 1.,
Ho nguyén ham ctia ham s6: y = x> -3x+=la
X

3 3
A. F(x)=x——§x2+ln|x|+C. B. F(x)=X——§x2+Inx+C.
3 2 3 2
x* 3 1
C. F(x):§+5x2+lnx+c. D. F(x):2x—3—?+c.
Huéng din giai: Str dung bang nguyén ham.
Tim nguyén ham cta ham s6 f (X)=(x+1)(x+2)
X 3, X 2,
A. F(x)==+=x"+2x+C. B. F(x)==+=x"+2x+C.
3 2 3 3
X 2
C. F(x)=2x+3+C. D. F(x):€—§x2+2x+c.
Huéng dan gidi: f(x)=(x+1)(x+2)=x"+3x+2. Sir dung bang nguyén ham.
Nguyén ham F (x) cta ham s6 f(x)=5 22X+§+% 12 ham s6 nao?
A. F(x)=—In|5—2x|+2|n|x|—§+C. B. F(x):—In|5—2x|+2ln|x|+§+C.
C. F(x)=|n|5—2x|+2|n|x|—§+C. D. F(x)=—In|5—2x|—2|n|x|+§+C.

Huéng din giai: Sir dung bang nguyén ham.

4.1.2. NGUYEN HAM CUA HAM SO LUOQNG GIAC.

Cau 78.

Cau 79.

Tim nguy@én ham cua ham s f (x) =sin 2x

A. Jsiandx:—1c032x+C. B. jsiandx:1c032x+C.
2 2

C. J'sin2xdx=0052x+C. D. _[sin 2xdx = —cos 2x +C .

Hwéng din giai Isin 2xdx =%Isin 2xd(2x) = —%cos 2x+C.

Tim nguyén ham ciia ham sé f (x) = cos (3x+%).

A If(x)dx:%sin(3x+%j+c. B. If(x).dx:sin(3x+%j+c.



Cau 80.

Cau 81.

Céau 82.

C. [ f(x)dx= —%sin(3x+%j+c . D. [ f(x)dx :%sin(3x+gj+c .

Huéng din giai: J’ f (x)dx :%Icos(3x+%jd (3x+%j I%Sin(sx-i-%}-i-c .

Tim nguyén ham cua ham sé f (x) =1+ tan g
X X
A. | f(X)dx=2tan=+C. B. | f(X)dx=tan—=+C.
[f09 . [f09 2
C. Jf(x)dx:ltan§+c. D. jf(x)dx:—Ztan5+C.
2 2 2
X
, x o 2 X 1 ~ dx 2 X
Huwéng dan gidi: f(x)=1+tan®—=——— nén I :ZJ =2tan—+C.
2 cos2 X cos? X cos? X 2
2 2 2
Tim nguyén ham ciia ham s6 f(x)=;.
sinz(x+ﬂj
3
1 T
A. | f(X)dx=-cot x+Z +C. B. | f(X)dx=—=cot| x+= |+C.
[0 [ 3) [ f0o0=—1 [ 3j
T 1 T
C. | f(x)dx=cot| x+= |+C. D. | f(X)dx==cot| x+— |+C.
[ ( 3j [0 . ( 3j

dx d(x+§)
:'[ =—cot x+ 2 +C.
sin x+§ sin x+§

Tim nguyén ham cua ham s f (x) =sin® x.cosx.

Hwéng din gidi: J

ia4
A [ f(x)dx= sin"x ¢, B. [ f()dx=-"""14C.
HJ
C. [ f(xdx= Sin‘X ¢ D. [ f(x)dx=-""-"+C.
. X a. [ 3 3 ) sin’ x
Huwdng dan giai Ism x.cosx.dx:fsm x.d(sinx) = +C.

4.1.3. NGUYEN HAM CUA HAM SO MU, LOGARIT.

Cau 83.

Cau 84.

Cau 85.

Tim nguyén ham ciia ham s6 f(x)=e* —e™*
A. _[ x)dx=e*+e™*+C. B J.f(x)dx:—ex+e‘x+C.
C. j x)dx=e*—e™+C. D. jf(x)dx:—ex—e‘x+c.

X

Hwéng din gidi: j(e —e’x)dx =e*+e " +C.

Tim nguyén ham ctia ham s f(x) =232,

V1 9y 1

A J1000(3] g e o [ 109~ 3) rzg
V1 2y 1

C. J.f(X)dX—[gj m'i'c D. J.f(X)dX—(gj |n2+|n9+c

Huéng din giai: j 2% 32 (x = j (gj dx =[§J .ﬁ+ C

Ho nguyén ham ciia ham s6 f (x) =e*(3+e7) la



A. F(x)=3e"+x+C. B. F(xX)=3e"+e*Ine* +C.
C. F(x):BeX—iX+C. D. F(x)=3e*—x+C.

e
Huéng dén gidi: F(x) = [e"(3+e™)dx= [ (3" +1)dx =3e* +x+C

Cau 86. Hamsb F (X) =7e* —tan x 1a mot nguyén ham ctia ham sb nao sau day?

e 1
A f(x)=e"|7- : B. f(x)=7¢"
() ( coszx] () " cos? x
1
C. f(x)=7¢e* +tan*x—1. D.f(x)=7|¢e" - .
() (9=7(e- ]
Huéng din gidi: Taco g'() =7¢" ——— =" (7-— )= f(x)
cos” X cos® X
Cau 87. Tim nguyén ham cta ham sé f(x) =+/e*?.
A. J.f (x dx:1e2“+C. B. If(x)dx:ezx’1+C.
1
C. dx_— C. D. [ f(x)dx==+e*"+C.
J1x + J ()=
Huéng din gidi: J.x/e“‘z dx = Iezx‘ldx = %ezx‘l +C.
4.1.4. NGUYEN HAM CUA HAM SO CHUA CAN THUC.
. 1
Cau 88. Nguyén ham cua ham so f(x) = la
guy (x) o1
A_[ dx— J2x-1+C. J. dx 24J2x-1+C.
C. J.f(x)dx= ‘ 2_1+C. I X)dx =-2v2x-1+C.
x 1 2x 1
Huwéng dan giai: = —»\/2X—1+C.
g din gidi: |2 ox f
Cau 89. Tim nguyén ham ciia ham s§ f(x) = 31 .
—X
A.jf(x)dx:—Z\/3—x+C. B. J. x)dx=—/3—-x+C.
C. [f(x)dx=23-x~+C. D. [ f(x)dx=-33=x+C.
Hwéng din gidi: =-2J3-x+C.
[ = V3
CAau 90. Tim nguyén ham cta ham s f(x) = «/ZX +1
A (x dx_— (2x+1)\2x+1+C. B. [ f(x 2x+1)«/2x+1+C.
C. [ f(x dx———x/2x+1+C D. [ f(x \/2x+1+c

Hwéng din gidi: Dit t =/2x+1 = dx =tdt
3
= [V2x+1dx=| t*dt =%+c =%(2x+1)«/2x+1+C.
Cau 91. Tim nguyén ham ciia ham sé f(x) =+/5-3x.

A (x dx——— 5-3x)\/5-3x+C. B. jf(x)dx:—%(s—sx)%—sx.



Cau 92.

Cau 93.

Cau 94.

Céau 95.

Cau 96.

C. [ f(x 5 3x)\/5—-3x. D. Jf(x)dx:—éx/5—3x+c.

Huéng dan giai: bat t = J5-3x = dx = —Zt—dt

JNB=3xdx = (5-3x) VE-3x +C.

Tim nguyén ham cia ham sé f(x) = ¥x—2.

A (x dx_ (x-2)¥x-2+C. B. [ (x dx_— (x-2)¥x-2+C.

C. [ f(x (x=2)Vx-2. D. | f(x dx—— X— 2)’§+c.

Hudéng dén giai: Datt—«/_:>dx 3t?dt. Khi do J.\/_dx— (x— 2)\/_+C
Tim nguyén ham cta ham s§ f(x) =31-3x .

A (x dx———l 3x)1-3x +C. B. [ f(x dx—— (1-3x)31-3x+C.

C. [ f(x 1 3x)¥1-3x +C. D. [ f(x)dx=—(1- 3x)’§+c.

Hwéng din gidi: Dat t = 31-3x = dx =—tdt . Khi d6 J.«3/1—3de = —%(1—3X)«3/l—3x +C

Tim nguyén ham ctia ham s6 f (x)=e*>.

A [ F(x J_ B. [ f(x) dx_z\/_
C. [(x 3*/_ D. [ f( dx_gi: e

3x
Hwéng din gidi: j\/e?dx:sj d(ij 3e7+ 2*/_

Hamsd F(x)=(x +1)2 JX+1+2016 1a mot nguyén ham cua ham sé ndo sau day?

A f(x):g(xﬂ)m B. f(x):g(x+1)m+c

C. f(x):é(x+1)«/m D. f(x):(x+1)m+c

Hwéng din gidi: F'(X)=g(x+1)\/m

Biét mot nguyén ham cua ham sé  f (x) = \/ﬁﬂ 1a ham s6 F(x) théa man F(—1)=§.
Khi d6 F(x) la ham s6 nao sau dy?

A. F(x)=x—§ﬁ+3 B. F(x)=x—§ﬁ—3

C. F(x):x-%ﬂu D. F(x)=4—§ﬂ

Huéng din giai

F(x):j(ﬁ j :——I i ;: % 1-3x+C



F(-1) =2 =32 F(x) = x- 23 +3

Cau 97. Biét F(x)=6vI—x 12 mot nguyén ham ciia ham s6 f (X) = ——— . Khi do gid tri cia a bing

«fl—x
A. =3. B. 3. C.6. D.é.

Huwéng dan gii: F'(x) = (6\/1— x), = 1_3
—X

4.1.5. PHUONG PHAP NGUYEN HAM TUNG PHAN
Cau 98. Tinh F(x) :jxsin xdx bang

=a=-3

A. F(x)=sinx—xcosx+C. B. F(x)=xsinx—cosx+C.

C. F(x)=sinx+xcosx+C. D. F(x) =xsinx+cosx+C.

Hwéng din giai )

Phwong phap ty ludn: St dung phuong phap nguyén ham ting phan

Phuong phap trac nghiém:

Dung dinh nghia, st dung may tinh nhap %( F (X)) — f(x), CALC ngau nhién tai mot s6 diém

X, thudc tap xac dinh, két qua Xép X1 bﬁng 0 chon.

Cau 99. Tinh IX In? xdx . Chon két qua ding:
A. %XZ(ZIn2 Xx—2Inx+1)+C. B. Zx*(2In*x-2Inx+1)+C.

x2(2ln2 X+21In x+1)+C.

NIk N

C. %XZ(ZIn2x+2lnx+1)+C. D.
Huwéng din giai o
Phwong phap tu luan: Stir dung phuong phap nguyén ham tirng phan 2 lan.

Phuong phap trac nghiém
Str dung dinh nghia F'(x)= f(X) < F'(x)— f(x)=0.

Nhép mady tinh di( F(x))- f(x). CALC x tai mdt s gi4 tri ngdu nhién X, trong tp xéc dinh,
X
néu két qua xap xi bang0 thi chon.
Cau 100. Tinh F(x) = [ xsin xcos xdx. Chon két qua ding:
1. X 1 X .
A. F(x) :gsm 2x—Zc032x+C : B. F(x)= Zcost—Esm 2x+C.

C. F(x) :%sin 2x+§cost+C. D. F(x) :_Tlsin 2x—§cost+C .
Hwéng din gidi:
Phuwong phap tw luin: Bién doi sinxcosx = %sin 2x 16i sir dung phuong phap nguyén ham

timg phan.
Phwong phap trac nghiém:
Céch 1: Str dung dinh nghia F'(X)= f(X) © F'(x)— f(x)=0

Nhap may tinh di( F(X))— f(x). CALC x tai mot s gid tri ngiu nhién X, trong tip xéac dinh,
X
néu két qua x4p xi bang0 thi chon.

Cau 101. Tinh F(x) = [ xe3dx. Chon két qua ding

A. F(x)=3(x—3)e§+C B. F(x)=(x+3)e%+C



Cau 102.

Cau 103.

Cau 104.

Cau 105.

C. F(x):XT_3e3+C D. F(x):XTJrg’e3+C

Huwéng din giai:

Phwong phap tw ludn: Str dung phuong phap nguyén ham timg phin véi u = x, dv = e3dx..

Phuwong phép tric nghié¢m:

Céch 1: Str dung dinh nghia F'(x) = f(X) < F'(x)— f(x) =0.

Nhéap may tinh di( F(x))— f(x). CALC x tai mot s gia tri ngAu nhién X, trong tép x4c dinh,
X

néu két qua xap xi bang0 thi chon.
Céch 2: Str dung phuong phap bang.

Tinh F(x)= [ 5~ dx. Chon két qui ding
COS” X
A.F(x)=xtanx+In|cos x| +C. B. F(x) =—xcotx+In|cosx|+C.
C. F(x)=—xtanx+In|cosx|+C. D. F(x)=—xcotx—In|cosx|+C.
Hwéng din gidi:
Phwong phap ty ludn: Str dung phuong phap nguyén ham timg phan véi u = X, dv = CO]S-ZX dx

Phwong phap tric nghiém:
Cach 1: Str dung dinh nghia F'(x)= f(X) < F'(x)— f(x) =0.

Nhap may tinh di( F(X))— f(x). CALC x tai mot sb gia tri ngau nhién X, trong tap xac dinh,
X

néu két qua x4p xi bang0 thi chon.
Cach 2: Str dung phuong phap bang.

Tinh F(x):.[x2 cos xdx . Chon két qua ding
A. F(X)=(x*—2)sinx+2xcosx+C. B. F(x) =2x*sin x—Xxcosx+sin x+C .
C. F(x)=x*sinx—2xcosx+2sinx+C. D. F(x) = (2x+x?)cosx—xsinx+C.

Hwéng din gidi: ‘ ‘

Phwong phap tw ludn: S dung phuong phap nguyén ham tung phan 2 lan véi
u=x?;dv=cosxdx, sau d6 u, = x;dv, =sin xdx.

Phuwong phap tric nghiém:

Cach 1: Str dung dinh nghia F'(x)=f(X) < F'(X)—- f(x)=0

Nhép may tinh di( F(x))- f(xX). CALC X tai mdt s gi4 tri ngdu nhién X, trong tp xéc dinh,
X

néu két qua xap xi bang0 thi chon.
Cach 2: Sir dung phuong phap bang.

Tinh F(x) = J- xsin 2xdx . Chon két qua dung
A F(X)z—%(ZXCOSZX—Sin 2X)+C. B. F(X)Z%(ZXCOSZX—Sin 2X)+C..
C. F(x):—%(2x0052x+sin2x)+c. D. F(x):%(Zxc052x+sin2x)+C.

Hwéng din giai: Sir dung phuong phap nguyén ham timg phan véi u = x; dv = sin 2xdx

Phwong phap tric nghiém: St dung phuong phip bang hoic s dung may tinh: Nhap

di (F(x))— f (x), CALC ngau nhién tai mot sb diém Xo bat ky, néu két qua xap xi bang0 thi
X

chon dap an do. )

Ham s0 F(X) = xsin x+cos x+ 2017 1a mdt nguyén ham cta ham so nao?

A. f(X)=xcosx. B. f(x)=xsinx.

C. f(x)=—xcosx. D. f(x)=-xsinXx.



Hwéng din gidi: ’
Phuwong phap tw ludn: Tinh F'(X) c6 két qua tring vdi dap an chon.
Phwong phap tric nghiém: Sir dung dinh nghia F'(x) = f (x) < F'(X)— f(x) =0

Nhéap may tinh di( F(X))— f(x). CALC x tai mot sb gi4 trj ngiu nhién X, trong tap xac dinh,
X

ncu két qua xap xi bang0 chon.

Cau 106. Tinh [ w dx. Khing dinh no sau day 1 sai?
X

._1+In(x+1)+ln X | —1+In(x+1)+ln X |

A +C B. +C
X x+1| X x+1|
C. —XTH(1+In(x+1))+In|x|+C D. —W—In|x+ﬂ+ln|x|+c

Hudéng dén giai:

Phwong phap tw luidn: St dung phuong phip nguyén ham ting phin véi

u=1+In(x+1);dv= —iz dx hodc bién d6i r6i dit u = In(x+1);dv = —izdx.
X X

Phuong phép tric nghi¢m: Sir dung may tinh kiém tra bang dinh nghia.
4.1.6. ON TAP ‘
Cau 107. Hay chon ménh d¢ ding

X a+l

+C(0<a=1). B.jx“dx:x 1
o+

a
Ina

A..[axdx: +C,VaeR.

f (x)dx
o {10y (1008
g Jg(x)dx
Huwoéng din gidi: A ding. B sai vi thiéu diéu kién o #—1; C, D sai vi khong c¢6 tinh chét.
Cau 108. Ménh d nao sau day sai?

C. j f(X).g(x)dx = j f (x)dx. j g(x)dXx.

A. jsinxdx:cosx+C. B. j%dx:ln|x|+c,x¢0.
D. J.axdx= a +C,(0<a=1). C. Iexdx=eX+C.
Ina

Hwéng din gidi: Isin xdx =—cosx+C

Cau 109. Ham s6 f(x)=x*>—x? +3+3 c6 nguyén ham Ia
X

X3 , X
A. F(x)=?—§+3x+ln|x|+c. B. F(x) =X —§+3x+ln|x|+C.
C. F(x):3x2—2x—i2+C. D. F(x) =x*—x*+3x+In|x|+C.
X

4 3
Hwéng din gidi: F(x) :I(x3—x2 +3+E)dx:%—%+3x+ln|x|+c
X

Cau 110. Ho nguyén ham cta ham s6 f (x) =tan’ x la
A.F(x)=tanx—x+C. B.F(x)=—tanx+x+C.
C.F(x)=tanx+x+C. D.F(x)=—tanx—x+C.

Huéng dén gidi: [ f (x)dx = I[c 1

5 —1)dx=tanx—x+C

0S° X

Cau 111. Ham s6 F(x) =7sin x—cos x+1 1a mdt nguyén ham ctia ham sé nao sau day?
A. f(x)=sinx+7cosx. B. f (X)=—sinx+7cosx.

C. f(x)=sinx—-7cosx. D. f (x)=—sinx—7cosx.



Cau 112,

Céu 113.

Cau 114,

Cau 115.

Céau 116.

Cau 117.

Cau 118.

Cau 1109.

Hwéng din gidi: F'(X)=7cosx+sinx

Két qua tinh J.;dx la
sin® xcos® x
A.tanx—cotx+C. B. cot2x+C.
C.tan2x—x+C. D. —tanx+cotx+C.
Huéng din giai: I%dx:j( 12 + _12 )dx=tanX—COtX+C
sin® x cos’ x cos®x  sin®x
Ham s6 F(x) =3x? —i+i2—1 c6 mot nguyén ham la
Jx o x
AF()=xX-2JX S -x. B. £ (x) = X* VX~ x.
X X
\ 1 , 1 1
C. f(X)=x-2x+=. D. f(x) =X ——J}———x.
X
Huéng dén gidi: Taco [ F(x)dx = [| 3x° ——+——1 dx = X —2&———x+c
Ixo X
\ A cosx , . A \ N
Ham so f(X) =—=— c6 mot nguyén ham F(X) bang
sin
A - _14 : B. _14 . C. _44 . D. _‘f .
4sin” x 4sin” X sin™ X sin™ X
Hudng din gidi: [ f (o= [ 22 dx=[—c—d(sinx)=- +C
sin® x sin® x 4sin” x
Két qua tinhIZXxIS— 4x?dx bang
A-L (5-4x) +C. B._> (5-4x%)+C
6 8
cl (5-4x¢) +C. D.-1 (5-4x¢) +C.
6 12
Huéng din gidi: Dat t =v5—4x% = tdt = —4xdx
1 1 1 3
4 2 __ - 2 _ =3 __ - _ 2
Taco [2xy/5-4x*dx = S Jtdt=—2t'+C = 6‘/(5 4x*) +C
Két qua I e cos xdx bang
Ae™ +C. B. cosxe™™ +C. C. e 4+C. D. e ™™ +C.
Huéng din giai: Ta co j e cos xdx = jes'”xd(sm X) =" +C
Tinh I tan xdx bang
1 -1
A.—In|cos x|+ C . B. In|cosx|+C. C.——+C. D. ——+C.
cos® X cos’® X
Hwéng dan giai: Ta co I tan xdx——.[ —d(cosx) —In|cos x| +C
Tinh j cot xdx bang
. . -1 1
A.Inlsinx|+C. B. —Injsinx|+C. C.——+C. D. ——-C.
sin® x sin® x

Hwéng din giai: Ta co jcot xdx = J.Ld (sinx) =In|sinx|+C
sin x

3
la

Nguyén ham ctia ham sd y= :
X _



Cau 120.

Céu 121.

Céu 122.

Cau 123.

Cau 124.

2 2

A. 1x3+1x +x+In|x-1+C. B. 1x3+lx +x+In|x+1+C.
3 2 3 2

2 2

C. 1x3+1x +x+In|x-1+C. D. lx:"+£x +x+In|x-1+C.
6 2 3 4

3
Hudéng dén giai: Ta co

2_
Mot nguyén ham ciia ham s6 f(X):ﬂ la
X+1
NG NG
A. ?—3x+6ln|x+]4. B. ?+3x+6ln|x+]4.
NG NG
C. ?+3x—6ln|x+]4. D. ?—3x+6ln(x+1).
2_
Huéng dan gidi: f (x) _ X o2x+3 x—3+i. Su dung bang nguyén ham.
X+1 X+1
Két qua tith. L dx bang
Xx(x+3)
At +c. B. ~in|-=_|+c.
3 [X+3 3 [Xx+3
C.zlnis+c. .EInLJrC.
3 X 3 |x+3
, X ens 171 1 , , o
Huwdéng dan gidi: ——— =—| ———— |. Sur dung bang nguyén ham.
x(x+3) 3 x x+3
Két qua tinh J. 1 dx béng
x(x-3)
A Ln[X=3c. B. Sinf* 3 c.
3 X X
c. Il ic. D. X ic.
3 [Xx+3 3 |Xx-
, X ens 1/ 1 1 , , o
Huwéng dan giai: =— —— |. St dung bang nguyén ham.
x(x+3) 3\x-3 x
Ho nguyén ham ctiia ham sb f(X): 5 la
X +X-2
A F(x)=2mX e B.F(x)=2n[**2[1c.
3 [x+2 3 |x-1
C. F(x)=|nx—_1+C. D. F(x):ln‘x2+x—2‘+c.
X+2
Huéng din giai: f(x):;:1 B . Stir dung bang nguyén ham.
X2+x—-2 3\ x-1 x+2 i
n \ ., \ Je 1-x ? N
Ho nguyén ham ciia ham so f (x)=| —| la
X
1 1
A. F(x)=———2|n|x|+x+C. B. F(x)=—=-2Inx+x+C .
X X
1 1
C. F(x)===2In|x|+x+C. D. F(x)=—=-2In|x-x+C.
X X

1
=X*+X+1+ 1 Str dung bang nguyén ham suy ra dap an.
X —



. =— ——+1. Str dung bang nguyén ham.
X

Huwéng din giai: f (x)= (1 Xj _l-2x+x® 1 2
X X X

Cau 125. Nguyén ham cta ham sé f (x)=——— véi a=0 la

X" —a
A L8l B. L m**3,c.
2a |x+a 2a |x—a
c. tinX=3,c. D. LinlX*8 ..
a X+a a X—a

Hwéng din gidi:

v iaz = 2—2(& —ﬁj . Str dung bang nguyén ham.

Cau 126. Biét F(x) 1a mot nguyén ham cta ham s6 f (X) = thoa man F(2)=0. Khi d6 phuong

8—x°
trinh F(x)=x c6 nghiém la

A. x=1-+3. B. x=1. C. x=-1. D. x=0.
Huéng din gidi: Dat t = 8- x> =t* =8—x* = —tdt = xdx

X tdt
dx=—[—=-t+C=—J8-x*+C.

Vi F(2)=0 nén C =2. Ta c6 phuong trinh —/8—x* +2=x <> x=1-3

Cau 127. Néu F (x)1a mot nguyén ham ctia ham s6 f(X)=ﬁ va F(2)=1thi F(3) bang

A. In2+1. B. Ing. C.In2. D.

N |~

Huéng din giai: j%dx:ln|x—u+c, vi F(2)=1nén C=1.F(x)=In|x-1+1, thay
X_
X =3 ta co dap an.

Cau 128. Biét F(x) la mot nguyén ham ctia ham s6 f (x)=+/In’ XJrl.In—X thoa man F(1)= % Gia trj

X
cua F?(e) la
A S B L c.8 p. L
9 9 3 3
Hréng dén gidi: Dt t = In? x1+1 = tdt =12 % dix

X

Nln X+1 dx It dt = 33 =M+C,v‘| F(1)=

3

nén C=0

Wl

Vay Fz(e)=g.

Cau 129. Nguyén ham F(x) ciia hamsb f (x)=2x+

H

thoa man F (%) =-11a

sin’ x
72'2 72'2
A.—cotx+x2—E. B. cotx —x*+—.
2

C. —cotx+x2. D. cotx—x2 -2
16

2
Hwéng din gidi: I(2x+ — )dx:xz—cotx+C. F(%j:—l nén C=—f—6.
sin® x

4.1.2. NGUYEN HAM CUA HAM SO LUQNG GIAC.



Cau 130.

Cau 131.

Cau 132.

Céu 133.

Céu 134.

Cau 135.

Tim nguyén ham ciia ham s§ f (x) = cos® x.sin .
3 3

A [ f(d=-"2"1C. B. [ f(x)dx="2"+C.

HY HY
C. [f(dx=-"1"+cC. D. [ f(dx=""""+C.

3
Huéng dén giai: J.cosz xsin xdx = —I cos® xd (cos X) = — S X, ¢
Tim nguyén ham ctia ham sd f(X)=M.
cos2x—1
A. [ £(9dx=—Insinx/+C. B. [ f(x)dx=In[cos2x—1+C.
C. jf(x)dx:ln|sin 2x|+C. D. If(x)dx:ln|sin x|+C.
Hwéng din giai
' d(sinx
J-S|n2xdx J- 2sin xcos x X:_J-cgsde:_J- ( ):—In|sinx|+C
cos2x—1 < 1-2sin? x+1 sin X sin x
Tim nguyén ham ctia ham sd f (X) =sin x.cos 2x.dx .
_ 3

A J‘f(x)dx:w+c03x+c. B. J‘f(x)dx:lc033x+15in x+C.

3 6 2

3
C. J.f(x)dx=cos X+cosx+C. D. If(x)dx=%c053x—%sinx+c.
Huéng din giai

—2c0s® x

J.sin X.C0S 2XdX = J.(Zcosz x—1)sin xdx = —J.(Zcos2 x—l)d (cosx)= T+COSX+C

Tim nguyén ham ciia ham s6 f (X) = 2sin x.cos3X..

A Jf(X)dXZECOSZX—ECOS4X+C. B. jf(x)dx:lc052x+lcos4x+c.
2 4 2 4

C. j f (x)dx = 2cos’ x+3cos’ x+C. D. J‘f(x)dx:Bcos4 x—3cos’ x+C.

Hwéng din gidi: J.ZSin X.C0s 3Xdx = J.(sin 4x—sin 2x)dx = %cos 2X—%COS 4x+C.

Tim nguyén ham ciia ham s6 f (x) =sin® x.sin 3x.

A.If(x)dx=§ sm2x_sm4x _1 X_5|n6x ‘c.
8 2 4 8 6
B.J.f(x)dx:g sm2x_sm4x +1 X_sm6x ‘C.

8 2 4 8 6
C._[f(x)dx:l 5|n2x_sm4x _§ X_sm6x ‘c.
8 2 4 8 6
D.If(x)dx=§ sm2x+sm4x _} X+SII‘I6X ‘C.
8 2 4 8 6
Hwéng din giai
jsin3 X.sin 3xdx :IM'SM 3xdx

= gIZSin x.sin 3xdx—%_|'25in2 3xdx = gj(cos 2x—cos4x)dx—%.[(1—cos 6x) dx

3(sin2x sindx) 1 sin 6x
== - ——| X- +C
8 2 4 8 6

Tim nguyén ham ctia ham s f (x) =sin® x.cos3x +cos® x.sin3x .




A Jf(x)dx:l—gcos4x+c. B. jf(x)dx:%cos4x+c.

-3 . 3 .
C. | f(X)dx=—sin4x+C. D. | f(X)dx=—sin4x+C.
j()~ T [ f0gdx =2
Huwdéng dan gidi:

J‘(sin3 X.COS 3X +C0s® X.sin 3x).dx - I(Mc C0s3X +3C0S X

os3x+f.sin3xjdx
3. . 3. ]
:j Zsm x.cosBx—sm3x.cos3x+Zsm3x.cosx+sm3x.cos3x dx
3 -3
4j(smxcos3x+sm3x cosx) :—Jsm4xdx_1—cos4x+c

Cau 136. Tim mot nguyén ham F(x) ctia ham s f(x) =sin®= blet F( j:
sin X

A F(x)=X sinx 1 B. F( j= X sinx, 3,
2 2 2 2 2 2
c. F(x)=2,8nx, 1 D. F(x)= 24 3NX >
2 2 2 2 2 2
Hudng dan giai
. o X 1 X 1.
F(x)=|sin?Zdx==[(1-cosx)dx==—=sinx+C
*F0o=] 2 2I( Jd =23
T T 7~ 1. &« T 1
oFl—|=———>=sin-+C=—<=C=—
2) 4 4 22 4 2
4.1.3. NGUYEN HAM CUA HAM SO MU, HAM SO LOGARIT.
Cau 137. Ham s6 f (x) =" (In 2+ Silz j ¢6 ho nguyén ham la
in? x
A. F(x):eX In2—cotx+C. B. F(x):ex In2+cotx+C.
C. F(x)=e"In2+ +C. D. F(x)=¢e*In2- +C.
(x) cos® X (x) cos? x
Huéng din giai: jf(x)dx:j[ex In2+— jdx:eX In2—cotx+C
sin® x
Cau 138. Haim s6 f(x) =3 —2".3" ¢6 nguyén ham bang
3% ¢ B. 3In3(1+2 In2)+C.
In3 In6
.3 +3'2 +C. D.3+ 6 +C
In3 In6 INn3 In3.In2

% 6"
Huong dan giai: | f(x)dx=|(3°+6" x_—+—+C
g din gidic [ £ 090 =[(3+6")x=1 7 0
Cau 139. Mot nguyén ham F(x) ctua hamsé f(x) = (e * +€*)? thoa man diéu kién F(0)=1 Ia

A. F(x):—%ezx+%e”+2x+1. B. F(X) =—2e +2e™ +2x+1.
C. F(x)=—le‘zx+iezx+2x. D. F(x)=—le‘zx+1ezx+2x—l.
2 2 2 2

Huéng din giai: Ta co F(x) =—%e‘2x +%e2x +2x+C,F(0)=1<C=1

2x-1
X+1
A. F(x)=2x-3In|x+1+C. B. F(x)=2x+3In|x+1+C.

Cau 140. Tim nguyén ham ciia ham s f(x) =



C. F(x)=2x—-In|x+1+C. D. F(x)=2x+In|x+1+C.

Hwéng din gidi: J 2X

_1dx:j[2——§—jdx 2x-3In|x+1+C

X+1 X+1
R X N . A 2% +2x+3
Céau 141. Tim nguyén ham cua ham s6 f(X)=——.
2X+1
A. F(x)= ;(2x+1 —In|2x+]4+C B. F(x)=%(2x+1)2+5In|2x+1|+C.
C. F(x):(2x+1) +In2x+1+C. D. F(x):(2x+1)2—ln|2x+]4+c.

Hwéng din gidi:
2x* +2x+3 (2x+1 5
j—dx :j +
2(

)de—8(2x+D —hﬂ2x+ﬂ+C

2x+1 2X+1
R ‘ o a2 x° =X
Cau 142. Tim nguyén ham ctia ham s0 f (x) = i1
+
A F(x)=x—2—ln(x2+1)+C B F(x)=x—2+ln(x2+1)+C
: 5 : : 5 :
C. F(x):xz—ln(x2+1)+C. D. F(x):x2+ln(x2+1)+C.
: x ... (X=X 2x x2  d(x2+1) 2
Huwéng dan giai: IX2+1dX:I(X—X2+1jdX:?—I (X2+1 ) :?—In(xz+1)+C
Cau 143. Tim nguyén ham ctia ham s& f(x) = 1 .
xInx+x
A. F(x ) Injinx+1|+C. B. F(x)=In|lnx-1+C.
C. F(x)=In|x+1+C. D. F(x)=Inx+1+C.
Huéng din gidi: I Inx+1 —j IrllnxXJ:ll =In|lnx+1+C
2x
Cau 144. Tim nguyén ham ctia ham s6 f(x) = ef 1
+
A. F(x)=¢"~In(e"+1)+C. B. F(x)=e"+In(e*+1)+C.
C. F(x)=In(e*+1)+C. D. F(x)=e"-¢e*+C.

. 2x d (ex +1
Huwéng dan gidi: I ”
€

e+1dx:j(ex—Egzijdx:ex—j—grzf):ex—hﬁex+1)+C

' CHU PE 2. TICH PHAN
E. KIEN THUC CO BAN
3. Pinh nghia ,
Cho f 1a ham so lién tuc trén doan [a;b]. Gia sit F la mdt nguyén ham cia f trén [a;b]. Hiéu so
F(b)-F(a) duoc goi 1a tich phan tir a dén b (hay tich phan xac dinh trén doan [a;b] ctia ham sb

b
f (x), ki hiéu 1a j f (x)dx.
a



b
Ta ding ki hidu F(x)° = F(b) - F(a) dé chi hidusé F(b)-F(a). Vay j f (x)dx=F(X)|. = F(b)~F(a).
a

b b

Nhdn xét: Tich phan cia ham s6 f tira dén b c6 the ki higu boi [ f(x)dx hay [ f(t)dt. Tich phan do
a a

chi phu thudc vao f va cc can a, b ma khong phu thudc vao cach ghi bién sb.

Y nghia hinh hoc cua tich phan: Néu ham s6 f lién tuc va khong 4m trén doan [a;b] thi tich phan

b
j f (x)dx 1a dién tich S ctia hinh thang cong giéi han béi dd thi ham sé y = f(x), truc Ox va hai dudng

b
thang x=a,x=b. Vay $ = [ f(x)dx
4. Tinh chit cia tich phan

a b a

1. jf(x)dx:O 2. J'f(x)dx:—J‘f(x)dx
a a b
b c c b b

3. J'f(x)dx+J‘f(x)dx=J'f(x)dx(a<b<c)4. jk.f(x)dx:k.jf(x)dx (k e R)
a b a a a

b b b
5. j[f(x) + g(x)]dx =j f (x)dx ijg(x)dx .

F. KY NANG CO BAN
2. Mot s6 phwong phap tinh tich phan
V.Dang 1: Tinh tich phan theo cong thirc

Vi du 1: Tinh cac tinh phan sau:

1 1 1 1

o) 1-[—% . by i-[ 0 1-[Z 0, d) 1= [ ox.
o A+X) o X+1 ) 5 X+3 0 4—X

Hudng dan giai

0 |—} dx fd@+x) 1 [ 3
J+x)° g @+x° 2(L+x)?|, 8
T X T 1

f) I=——dx=||1-—— |dx=(x=In(x+D)|} =1-In2.

) -([x+1 O( x+1j ( (x+ ))‘O

1 1
2Xx+9 3 1
I = dx=1{| 2+ —— |dx=(2x+3In(x+3))[ =3+6In2-3In3.
9) -([ X+3 ;[( x+3j ( ( ))|°

! 11d(4-x° 3
h) I=‘([4_XX2 dx=—5£%=ln|4_x2 ”Z:Inz.

Bai tap ap dung

1) I:j‘xe’(x4 ~1)%dx. 2) Izj.(\/ﬁ+§/;+1)dx.
3) Iz'[xﬁdx. 4) Izjﬁ.

V1. Dang 2: Dung tinh chét cin trung gian d¢ tinh tich phan
b b b

St dyng tinh chét j [f (X) + g (x)]dx = j f (x)dx + j g(x)dx dé bo dau gid tri tuyét dbi.
a a a



2
Vi du 2: Tinh tich phéan | = I|x+1|dx.
2
Huwéng din giai
-1<x<2

.Do d6
-2<x<-1

X+1,
Nhan xét: [x +1| :{
—x-1,

2 -1 2 A ) ,
= [1x+1]dx= j|x+1|dx+j|x+1|dx=—j(x+1)dx+j(x+1)dx=_[%+x]
—2 ) ) ’

Bai tap ap dung

3 2
1)|:J'|x2—4|dx. 2)I=I|x3—2x2—x+2|dx.
4 -

V4

2
4) 1= Iz|sinx|dx.

T

3 V4
3) I:I|2X—4|dx. 5) 1 =J.\/1+0052xdx.
0 0

2
VIl Dang 3: Phwong phap ddi bién so
3) Daoi bien so dang 1

Cho ham sb f lién tuc trén doan [a;b]. Gia st ham sd u=u(x) c6 dao ham lién tuc trén doan
[a;b] VA o <u(x)< . Gia sir co thé viét f(x)=g(ux))u'(x),x<[a;b], voi g lién tuc trén doan
[«; 8] Khi d06, ta co

u(b)

j g(u)du.

b
= [ f(dx=
a u(a)

/4

2
Vi du 3: Tinh tich phan | = jsinz XCOS XdX .
0
Huéng din giai

Pitu=sinx. Tacd du=cosxdx. Pdi can: x:O:u(O):O;x:%:u(gjzl.
% 1 1 1
Khi d6 1 =Isin2xcosxdx=ju2du =—u¥ =
0 3 10

Wl

Bai tap ap dung

1
2) 1 =Ix«3ix +1dx.

1
1) Izjx x? +1dx .
0

3) | :lel-:(mxdx
1

H 1= I 2x«/2+|nx

Déu hiéu nhan biét va cich tlnh tinh phin

Dau hi¢u C6 thé djt Vi du
3
. 3 x°dx
1 | Co Jf(x = f(x | = .Pbat t=+x+1
JT0 JE® [, o J
2 | C6 (ax+b)" t=ax+b | = [ x(x+1)™dx. Djt t=x-1
getanx+3
3 |Coa'™ t=1(x) =_f4 —dx. Pt t=tanx+3
0 cos” X
4| co Fuamy |t=Inx hodebituthte | _re XX pat t—nx+1
X chtra Inx 1 x(Inx+1)
2 In2_ox X =
5 | Co e*dx t=e* hodc biéu thic | =_[On e?*/3e* +1dx. Pat t=v/3e* +1




chua e*

6 | CO sinxdx t=cosx I =J'055in3xcosxdx. Dit t=sinx
. . = sin®x 5
7 | CO cosxdx t =sin xdx =| ————dx Pat t=2cosx+1
0 2cosx+1
1
. dx | = dx= | 4(1+tan®x dx
8 | Co —; t=tanx IO cos* x -[ ( )coszx
COSs” X
bat t=tanx
i K ecotx ecotx .
9 | Co _d>2< t=cotx =2 dx=j ——dx. Dat t=cotx
sin” x 5 1—cos2x 2sin“ x

4) Doi bién s6 dang 2
Cho ham s6 f lién tuc va c6 dao ham trén doan [a;b]. Giad st ham s0 x =¢(t) c6 dao ham

va lién tuc trén doan [«; 517 sa0 cho ¢(a)=a,¢(f) =b va a<g(t)<b véi moi te[a; 4] Khi
do:

b B
[ F09dx=[ f (o @t

Mot s6 phwong phap doi bién: Néu biéu thire dudi diu tich phan c6 dang

5. Ja?—x?:dat x=a|sint; te[_f;ﬁ}

2 2
6. Jx?—a?:dat x=|fi|; te{—z;z}\{O}
sint 2 2
7. Nx*+a’: x=|a|tant; te(—z'zj
2 2

;a+x 9 fa—x <
—— hoac ,|—— : dat x=a.cos2t
a—Xx a-+Xx

Luu y: Chi nén st dung phép dit nay khi cac ddu hiéu 1, 2, 3 di v6i X mii chin. Vi du, dé tinh

A 1A . B x3dx 2.
tich phan 1 = thi phai do1 bién dang 2 con véi tich phan | = thi nén doi
Jp h 3

bién dang 1.

Vi du 4: Tinh céc tich phan sau:
1 1
dx
a) I =[v1-x%dx. b) I = :
) ! ) £1+ X

Hwéng din giai
a) Dit x =sint taco dx =costdt. Ddi can: x=0:>t=0;x=1:>t=%.

1 2 2 %
Vay | :I 1—x2dx=j|cost|dt=J'costdtzsint|§=1.
0 0 0

Xx=0—>t=0

b) bat x=tant, tacd dx=(1+tan2t)dt.D6i can: L
x=lot==

4

1 4 V4
v T
Vay | = dt=t|f=—.
Y ! 1+ X2 { ti=7
VIII. Dang 4: Phwong phap tinh tich phan tirng phan.
Dinh li : Néu u=u(x) va v=v(x) la hai ham s6 c6 dao ham va lién tuc trén doan [a;b] thi




b b
Ju(x)v‘(x)dx = (u(x)v(x))|:1 - J.u '(X)v(x)dx,

b b b
hay viét gon 1a judv =uv[’ —Ivdu . Cac dang co ban: Gia sir can tinh | = I P(x).Q(x)dx
a a a

P(x): Da thu . A
Eg‘r‘r‘]g Q((XX)): S;Zk;;chay P(x): Pa thirc P(x): Pa thire | P D*‘lth“’c .
. akx . .
cos(kx) Q):e Q(): Infax+b) | Q(x): sin® x hay cos’ X
*u=P(x) * u=P(x) *u=P(x)

Céach | * dv 1a Phan con lai | * dv 13 Phn con | = Y =In(ax+b) | % dy 1a Phin con lai cua
dat cua bicu thuc dudi |lai ctia biéu thuc | * dv= P(x)dx | biéu thirc dudi dau tich
dau tich phan dudi dau tich phan phan

e-1

2
Vi dy 5: Tinh céc tich phan sau : a) I = [ xsin xdx. b) 1= [ xIn(x+1)dx.
0 0

Huéng din giai
u=x , [du=dx
. taco .
dv = sin xdx V =—C0S X

b) it {

V4
T 2 V4

z
2 z £

Do do | =.|'xsin xdx = (—xcosx)|¢ +Icosxdx=0+sinx|g =1
0 0

u=In(x+1) du= 11dx
b)Dit . ta co X+
dv = xdx x? -1
V=
2
el e-1

e-1
0

. 2 2| 2

e-1
| = { xIn(x+1)dx:{In(x+1) x22—1} —% £ (x-1)dx:ez‘ﬂ_1(x_2_xj

e’ -2%+2 1e’-4e+3 e+l
2 2 2 4
Bai tap ap dung

T

1 2 2z 1
1) | =I(2x+2)exdx. 2) | =j2x.cosxdx. 3) 1= I xz.singdx. 4) I:I(x+1)2ezxdx.
0 0 0 0

Il -BAI TAP TRAC NGHIEM

Cau 21. Cho hai ham sd f, g lién tuc trén doan [a;b] va sé thuc k tuy y. Trong cac khang dinh sau,
khang dinh nao sai?

A. j.[f(x)+g(x)]dx:j1 f(x)dx+j.g(x)dx. B. j-f(x)dx:—jlf(x)dx.

C. _ka (x)dx:kjlf(x)dx. D. .Txf (x)dx:xjf(x)dx.

Cau22. Chohamsd f lién tuc trén R va $6 thuc duong a. Trong céc khéng dinh sau, khéng dinh nao

ludn dang?



A. if(x)dx=0. B. Tf(x)dx=1. C. Tf(x)dx:—l. D. Tf(x)dx: f(a).

1
Cau 23. Tich phéan Idx c6 gia tri bang
0
A. 1. B. 1. C.0. D. 2.

Cau24. Chosd thyc a thoaman [e*dx =e’ ~1, khi d6 a c6 gid tri bang
-1

Al B. -1. C.0. D. 2.
Hwéng din giai

Taco I eldx = ", =e* —e. Vay yéu cAu bai toan trong duong

et -1=e’-1 < a=1.
Cau 25. Trong cac ham s dudi ddy, ham s nao co tich phén trén doan [0; 7] dat gia tri bang 0 ?
A. f(x)=cos3x. B. f(x)=sin3x.

C. f(x)=cos(§+%). D. f(x):sin(§+%).

Huéng din giai
Tinh tich phan cho timg ham s trong cac dép an:

-0,

Icos 3xdx = 1sin 3x
3 0

T

=2,

jsin 3xdx = —lcos3x
3 0

J.cos( jdx 4sm(4 2)”=

0

Ism( jdx_—4cos(4 %)

Vay chon f(X)=cos3x.

T

0

Cau 26. Trong cac tich phan sau, tich phan nao c6 gia tri khac 2 ?
e? 1 7 2
A Iln Xdx . B. Ide. C. Isin Xdx . D. jxdx.
1 0 0 0

Huwéng din giai
Du giai bang may tinh hay lam tay, ta khong nén thir tinh lan luot timg dap an tir A dén D, ma
nén chon cac tich phan don gian dé thtr tru6C. Vi du

1
jzdx —2xg =2

22

xdx

0

¢ Joc-
0
T
_[sm xdx =—cosxly =2,
92
nén nhan J- In xdx .
1



1 2
CAu 27. Trong cac ham sé dudi ddy, ham sd ndo thoa man J. f(x)dx = J. f(x)dx?
-1 -2
A. f(x)=¢e". B. f(x)=cosx. C. f(x)=sinx. D. f(x)=x+1.
Huéng dén giai
Cach 1: Phuwong phap tw luan
Tinh 14n lugt timg tich phéan (cho dén khi nhan duoc két qua ding), ta duoc:

1 2
. Isin Xdx = —cos xll_1 =0= Isin Xxdx = nhén,
-1 -2
1 2
. _[cos xdx =sin x|'; = 2sin1, va Jcos xdx =sin x°, = 2sin2 = loai,
-1 -2

1 2

1 . 2 _ .

. Iexdx:ex|_1:e—e’l,va J.exdx:eXL2 —e2—e? - loai,
-1 -2

(x+1)?[ ?

=4 - loai.

-2

o Jl.(x +1)dx =

2 2
=2,va I(x+1)dx=M
A 2

-1

Vay ta nhan dap an f(X) =sinx.

Cach 2: Phuwong phap tu luan
a

Ta d4 biét néu f 1a ham s 1¢ va lién tyc trén R thi j f(x)dx =0 voi moi s6 thyc a. Trong
—a

cac lia chon ¢ day, chi co ham sd y = f(x) =sin x 14 1¢, nén d6 1 dap an ctia bai toan.

Cich 3: Phwong phip tric nghiém

Thuc hién cac phép tinh sau trén may tinh (dén khi thu duoc két qua bang 0 thi ngung)

Phép tinh Két qua
1 2
Isin xdx—jsin Xax 0
-1 -2
1 2
I COS Xdx — I cos xdx 0
-1 -2
1 2
Iexdx—jexdx £0
-1 -2
1 2
j(x+1)dx— j (x+Ddx | =0
-1 -2

Vay ta nhan dap an f(x) =sinx.

5
Cau28. Tichphan | = | L gia trj bing
X
2

A. 3In3. B.%In& C. Ing. D. In=.

Hwéng din giai
Cach 1: Phuwong phap tu luan

5
| = %:InlxllzzlnS—an:lnE.
5 X 2

Cich 2: Phwong phap tric nghiém



m Math &

Buoc 1: Dung may tinh nhu hinh bén, thu dugc gia tri 5
0,91629... JEEHH
0. 'EllE-E'ElD?El'EI
Burée 2: Lay e®% cho két qua g - chon Ing. EHHS e
=
z

Cach 3: Phwong phap tric nghiém
Thuc hién cac phép tinh sau trén may tinh (dén khi thu duoc két qua bang 0 thi ngung)

Phép tinh | Két qua Phép tinh | Két qua
I_" 2 0 j——3|n3 #0
5
dx 1
[=-Zm3 #0 j——l z #0
> X3
- chon InE.
2
A ] A 2 dx 1
Cau 29. Tich phén Iz.[ —— ¢0 gia tri bang
I sin
3
1In1 B. 2In3. C.EInB. D.2In1.
2 3 2 3

Hwéng din giai
Cach 1: Phwong phap tu luan

dx

sin X

(cos2 X 4+ sin? X)
2 2 d

. X X
2SN —C0S —
2 2

X= 1 (cot +tan jdx
2 2 2

WY ——o N
W N Y
w‘h‘l—.[\)‘ﬁ

2

[ x X
=|In|sin=|{—In cos—}
i 2 2

wlN

[or] oz
:Inﬁ.

Cich 2: Phwong phap tric nghiém

Cich 3: Phwong phap tric nghiém
Thuyec hién cac phép tinh sau trén may tinh (dén khi thu dugc két qua bang 0 thi ngung)

Phép tinh | Két qua Phéptinh | Két qua
Zdx 1 2 dx 1
——-—=1In3 ——2In=
;[sin X 2 0 ;[sin X 3 #0
3 3

#0 #0

2.
=1
e

W[ N
E
|
N
5
w
W[N =[N
o
x
|
N |-
=3
Wl




Cau 30.

Céu 31.

Cau 32.

Cau 33.

- chon %In&

Nhin xét: O bai ndy cach lam bang may tinh c6 vé nhanh hon.

Néu j)'(4—e‘x’2)dx =K —2e thi gia tri ctia K 12

A 12?2. B.9. C. 11. D. 10.

Hwéng din giai
Phuong phap tu ludn

9 0
K =[(4-e7")dx+2e =(4x+2e7")|, +2e =2 (-8+2e)+2e=10.
Phuwong phép tric nghiém

1

Tich phan | = j — 1 ke gié tri bang

o X2 —X—2
A w B. _%_ C. -2In2. D. 2In2.
3 3
Huéng din giai
Phu’o’ng phap tu luian
1 1 1
J' dx _[ :lj{i—i}dxzl[lnlx—Zl—In|x+JJ]|(l)=—£.
5 (x— 2)(x+l) 3yLx-2 x+1 3 3
o N 1 1 [x-4 X a
Hoc sinh c6 thé ap dung cong thirc I dx = In +C dé giam mét budc
(x—a)(x—h) a-b |x—b
tinh:
1 1 1
I — dx= LinlX=2 __2In2
o X2 —Xx—2 5 (X—= 2)(x+1) 3 Ix+1], 3

Phwong phap tric nghiém
i 5 5
Cho ham s6 f va g lién tyuc trén doan [1;5] sao cho I f(x)dx=2 va Ig(x)dx:—4. Gia tri
1 1

cua 'sf[g(x)— f(x)]dx la

A. —6. B. 6. C.2. D. -2.
Huwéng din giai

5 5 5
j[g(x)— f (x)]dx:jg(x)dx—j f(x)dx=-4-2=-6.
1 1 1
, ) 3 3
Cho ham sé f lién tuc trén doan [0;3]. Néu j f (x)dx =2 thi tich phan j [x—2f(x)]dx c6 gia
0 0

tri bang
A T. B. g C.5. D.

N |-

Hwéng din giai

3 3 9 1
—2f dx=|xdx-2| f(X)dx=—=—-2x2==.
[ (x)]dx }[x X _l; (x)dx 5 m2x2=3

O ey W



Cau 34.

Céu 35.

Cau 36.

Céau 37.

Cau 38.

5 3 5
Cho ham sé f lién tuc trén doan [0;6]. Néu j f(x)dx =2 va j f(x)dx =7 thi j f (x)dx c6 gia
1 1 3

tri bang
A. 5. B. -5. C. 9. D. 9.
Hwéng din giai

5 1 5 3 5
[ £09dx=[ fodx+ [ (x)dx =—[ F (x)dx+ [ f (x)dx=—7+2=-5.
3 3 1 1 1
Trong cac phép tinh sau day, phép tinh nao sai?
3 -2
A. Jexdx:(ex)E. B. J‘de:(ln )| s
1 -3 X

2 2

27 2
C. Icosxdx=(sinx)|i”. D. I(x+1)dx:(x?+xj .
V3 1

1

Huéng dén giai
)

I%dx=(ln|x|)|_§.

-3

)
Phép tinh | = dx = (In )| 1a sai. Phép tinh ding 1a
X
-3
Cho ham s6 f lién tuc trén doan [a;b] c6 mot nguyén ham 13 ham F trén doan [a;b]. Trong
cac phat biéu sau, phat biéu nao sai ?
b
A, j f (x)dx = F(b) - F(a).
B. F'(x)= f(x) voi moi x e (a;b).

C. Tf(x)dx: f(b)—f(a).

b
D. Ham s6 G cho boi G(x) = F(x)+5 ciing thoa min j f(x)dx=G(b)-G(a) .

Xét ham sd f lién tuc trén R va cac sb thuc a, b, ¢ tuy y. Trong cac khang dinh sau, khang
dinh nao sai?

A j. f (x)dx =i f(x)dx—jl f(x)dx. B. ]1 f (x)dx =j f (x)dx+_b[ f (x)dx.
C. _T f (x)dx :j f(x)dx—j‘ f(x)dx . D. j. f (x)dx :_c[ f (x)dx—j f(x)dx.

Xét hai ham s f va g lién tuc trén doan [a; b] . Trong cac m¢nh dé sau, ménh dé nao sai?

b
A.Néu m< f(X) <M vxe[a;b] thi m(b—a)sj'f(x)dst(a—b).
i b
B. Néu f(x)>m Vxe[a;b] thi If(x)dXZm(b—a).
) b
C.Néu f(X)<M Vxe[a;b] thi If(x)dst(b—a).

b
D. Néu f(x)=m Vxe[a;b] thi j f (x)dx = m(a—b).



Céau 39.

Céau 40.

Huwéng din giai

b
Ménh dé “Néu f(x)>m Vvx e[a;b] thi j f (x)dx = m(a—b)” sai, ménh d& ding phai la

b
“Néu f(x)=m Vxe[a;b] thi j f (x)dx = m(b—a)”.

Cho hai ham s6 f va g lién tuc trén doan [a;b] sao cho g(x) =0 véi moi x e[a;b]. Xét cac
khang dinh sau:

l. i[f(x)+g(x)]dx:'b[ f (x)dx+Tg(x)dx.

I [ f(0—-g(x)]dx = f(x)dx—[ g(x)dx.

a

Il _T[ f (x).g(x)]dx :jl f (x)dx._tf g(x)dx.

f(x)d
v 100, 110
> 9(x) ig(x)dx

Trong cac khang dinh trén, c6 bao nhiéu khang dinh sai?
Al B. 2. C. 3. D. 4.
Huéng din giai

b Jtoodx b ;
Céc cong thirc j PO gy = 2 va j [f(x).9(x)]dx = j f(x)dx.j g(x)dx 12 sai.
a g(X) j'g(x)dx a a a

3
Tich phén _[ x(x=1dx c6 gia tri bang vé&i gia tri cua tich phan ndo trong cac tich phan dudi
0

day?
2 3z In10 z
A _[(x2+x—3)dx. B. 3_[sin xdx . C. e”dx. D. Icos(3x+7z)dx.
0 0 0 0
Hwéng din giai
Phwong phap tu luan
Tinh rd ting phép tinh tich phan dé tim ra két qua ding (chi tinh dén khi nhan duoc két qua
ding thi dung lai):
In\10 . eZX In\io e2|n\/ﬁ_1 9
° J. e dX = ==,
5 2 o 2 2
3 3
e 3sinxdx=-3cosx;" =6,
0
‘ x* X “ 8 4
. I(xz +x—3)dx:(—+——3xj —242-6=—2,
0 3 2 o 3 3

. _[cos(3x+n)dx = %sin(3x+7z)|g = %(sin Ar—sinz)=0.
0



InI0
Vay chon j e?*dx.
0
Phwong phap tric nghiém
Nhép cac phép tinh sau vao mdy tinh dé thu két qua:

Phep tinh Két qua
InJl_O
X(x—=1)dx — I e**dx 0

0

3z
X(x—1)dx - jsin xdx
0

x(x—l)dx—j'(x2 +X—3)dx

Ol | Ot W | Oy W [ O ey 0

w |
N | © m|m M|

X(x—1)dx — _[cos(Bx +77)dx
0

In\/ﬁ
Vay chon I e?*dx.

0

CHUONG III. PHUONG PHAP TQA PQ TRONG KHONG GIAN
BAI 1. TQA PO TRONG KHONG GIAN

G. LY THUYET

1. H¢ truc toa do trong khéng gian
Trong khong gian, xét ba truc toa d0 Ox,0y,0Oz vudng géc voi nhau tirng do6i mot va chung mot
diém goc O. Goi i, ] k 1a cac vecto don vi, tuong ung trén cac truc Ox,0y,Oz . H¢ ba truc nhu vay
goi 1a hé truc toa do vuong goc trong khong gian.
chuy: i =j=k=1 va ij=ik=k.j=0.

2. Toa d§ cua vecto
a) Pinh nghia: U= (X y; ) U =xi+y]j+zk
b) Tinh chit: Cho a=(a,;a,;a,), b=(b;h,;h,), ke R

e d+b=(a *h;a,+h,;a,+b,) Je( 0;0:1 i
o ka = (kay; ka,; ka,) a4 o
= I J(o.Lo)
R i ca O
ea=b< |a,=b, VAR
a; = bs X i (1;0;:0)
o 0=(0;0;0), i =(%0;0), j =(0;1;0), k =(0;0;2)
e  cing phuong BB #0) < a=kb (keR)
&, = kb, .
< 18, =kb, Q%Zb—zz%, (b, b,, b, #0)
a, = kb, 2
e db=ahb +ab, +ab, ealb < ab+ah +ah =0

e @ =a’+a’+al o ld=a’+al+a



ab ab +ab, +a,

= (véi d,b#0)
lallbl  fa?+aZ+aZ.fo? +bZ+b2

e cos(d, b) =

3. Toa dj cia diém
a) Pinh nghia: M (X; y; 2) <OM = xi+ y.]+Z.E (x : hoanh do, y : tung do, z : cao do)
Chiy: eMe(Oxy)<z=0;M e(Oyz)<>x=0;M e(Oxz)<>y=0
eMeOX=y=2=00MeOy=>x=2=00M 0z <= x=y=0.
b) Tinh chit: Cho A(X,; V,; Z,), B(Xs: Va: Zs)
® A_B.Z(XB_XA;yB_yA;ZB_ZA)

* AB = \/(XB _XA)2 +(Ys _yA)Z +(Zg _ZA)2
Xa+ X5 . yA+yB.ZA+ZBj

e Toa d6 trung diém M cta doan thang AB: M ( T

e Toa do trong tam G cua tam giac ABC :
G(XA+XB+XC.yA+yB+yc.2A+ZB+ZCJ

3 3 3
e Toa dd trong tam G cua tr dién ABCD::
G(XA+XB+XC+XD.yA+yB+yC+yD ZA+ZB+ZC+ZCJ

4 4 4
Chay:
— Tich v6 hwéng cia hai vecto thuong st dung dé chimg minh hai dudng thing vuéng goc, tinh
goc giira hai duong thang.
— Tich c6 hwéng cia hai vecto thuong sir dung dé tinh dién tich tam giac; tinh thé tich khéi tir
dién, thé tich hinh hop; ching minh cac vecto dong phang — khong dong phang, ching minh céc
vecto cung phuong.

ilbedb=0
dvab cing phuang@[d,l;]:f)
d, b, ¢ dong phéng <la,b].c=0

Cau 46: Trong khong gian vai hé toa d6 Oxyz, cho hai véc to a(a;a,;a,),b(b;b,;b,). Chon khing
dinh sai.
A. k-5=(kai;kaz;kag). B. §+5=(a1+bl;a2+b ;a, +b,).

C.ab=ah +ab, +ah,. D. ‘5‘2 = Ja’+a,’+a?.

Huwéng din giai
Chon D

o =(JaTrarra) —atvatval
A(2;1-3) B(421)

Céau 47: Trong khong gian véi hé toa d6 Oxyz, cho tam gidc ABC c6 ba dinh : :

C(3; 0;5) va G(a;b;c) la trong tAm cuia tam giac ABC . Tinh gid tri biéu thic P =ab.c ?

A. P=0. B. P=3. C. P=5. D. P=4.
Huwéng din giai

Chon B



Cau 48:

Céu 49:

Céau 50:

Céu 51:

Céu 52:

G (a; b; C) la trong tdm cuia tam giac ABC nén <{b

Vay P=ab.c=3.
Trong khong gian véi hé toa do (O; 1, j, k), cho hai vecto a =(12;3) va b =2i—4k. Tinh

toa dd vecto u=a-b

A u=(-127). B. u=(-163). C.u=(-12-1). D.u=(-1-23).

Hudéng din giai

Chon A.
U:5—6:(1T+2T+3F)—(27—4E):—1T+2T+ﬁ:U:(—];Z;Y).
Trong khong gian voi hé toa do Oxyz, cho A(l;l;O)’ B(O;S;O), C(2;0;3). Tim toa d¢ trong
tam G
cua tam giac ABC.
A. G(121). B. G(§;3;§j.

2 2
C. G(3,6;3). D. G(312).

Huwdéng dan giai:

Chon A.

G latrong tdm cua tam gidc ABC néntacé G(12;1)

Hai diém M va M’ phan biét va ddi xang nhau qua mit phang Ozy . Phét biéu nao sau day 1a
diang?
A. Hai diém M va M 'cé cung tung do va cao do.
B. Hai diém M va M 'c6 cling hoanh d6 va cao do.
C. Hai diém M va M 'c6 hoanh d¢ d6i nhau.
D. Hai diém M va M 'c6 cing hoanh d6 va tung do.
Huéng din giai:
ChonD.
ITrong khong gian Oxyz , cho diém M (1;2;3). Tim toa d¢ hinh chiéu M lén tryc Ox.
A. (2;0;0). B. (10;0). C. (3,0;0). D. (0;2;3).
Huéng dan giai
Chon B.
Hinh chiéu cua diém A(xo;yo;zo) &n truc Ox 1a A'(x,;0;0).

Vay hinh chiéu ciia M (1;2:3) lén truc ox Ia M'(L,0;0).
Trong khdng gian véi hé toa do Oxyz, cho diém M (1;,2;3). Tim toa do diem N dbi xing véi
diém M qua mat phang (Oxy)



Céu 53:

Cau 54:

Céau 55:

Cau 56:

A. N(-L-2;-3). B. N(120). C. N(-1-2;3). D. N(L2-3).
Hudéng din giai
Chon D.
Goi diem N(X;y';2') dbi xtng véi diem M (x;y;z) qua mét phang (Oxy)nén
X=X x'=1
y=y ©4y'=2 =N(12,-3)
'=-1 7'=-3
Trong khong gian voi hé truc toa do Oxyz, cho hai vecto u=(m;—2;m+1) va
v=(3;—2m—4;6). Tim tat ca c4c gia tri cia m dé hai vecto u;v cling phuong.
A. m=0. B.m=2. C. m=1. D. m=-1.
Huéng dan giai
Chon C.
u=(m;—-2;m+1)v=(3-2m-4;6)
*m=-2:

U=(-2-2;-1);v=(3,0;6) = U;v khong cling phuong —> loai m=-2:

*mz#-2:
m m+l
—=—" m=1
m -2 m-+1 3 6
o = =% -2 < m=1.
3 -2m-4 6 m_ 2 3" 31 4:dung
3 -2m-4 e

Trong khong gian véi hé toa d6 Oxyz, cho hai diém A(0;-2;3), B(L0;-1). Goi M la trung

diém doan AB. Khang dinh nio sau day 1a dung?

A. BA=(-L-2-4). B. AB=421 C. M(L-11). D. AB=(-1-2;4).
Léi giai.

Chon B.

Lan luot kiém tra timg dap an.

+) BA=(~L-2;4) nén A sai.

+) AB=‘§A‘=\/ﬁ nén B dung.

Trong khong gian toa dd Oxyz V&i i, j,Kk lan luot 1a cac vécto don vi cua cac truc Ox, Oy, 0z .
Biéu thirc i.j+k.j —ik nhan gié tri nao sau day?
A. 2. B. 3. C.0. D. 1.

Loi giai
Chon €,
Vi ba vécto T,],R d6i mot vudng géc nhau nén: T] =0, ].R =0; i.k=0. Do d6 biéu thuc
TR0

ij+k.j—ik

Cau nao sau day sai?



Céau 57:

Cau 58:

Céu 59:

Céau 60:

Céu 61:

A 5:—37+]+1R<:>5:(—3;1;£j. B. azlf_ﬁ@a:(_;o;_ j
2 2 2
g e - g . . g 2f g e - 2
C.a=2i-3j<=a=(2;-3,0). D. a:gj+k—3|c>a:(—3;g;lj
Loi giai

Chon B.

é':—i—s]@é:(l;o;—sj.
2 2

Trong khong gian Oxyz , tim toa do cua vécto u=i+ 2]—R .

A u=(L2-1). B. u=(-121). C.u=(21-1). D. u=(-112).
Hudéng dan giai

Chon A.

Taco T:(l;O;O), i =(0;30), E=(O;O;l). Nén u=i+2j—k =(L2-1).

Trong khong gian véi hé toa dd Oxyz, cho diém M (2;-1-3). Tim toa d diem M’ doi xing

voi M quatruc Oy.

A. M'(-2;-1-3). B. M'(-2;,-13). C. M'(2-13). D. M'(21-3).
Huéng din giai

Chon B.

Goi a 1a mit phang qua M va vudng géc v6i Oy, M, 1a hinh chiéu cia M Ién Oy, ta co:

a:y+1=0;M,(0;-10).

M’ déi xtmg véi M qua truc Oy < M, la trung diém MM’ =M’(-2;-13).

Trong khong gian véi hé truc toa do Oxyz cho A(1;2;0); B(3;-11) va C(1;1;1). Tinh toa do
trong tim G cua tam giac ABC.

333 33 3 33 3 3 3
Huwéng din giai
Chon A.
Toa do trong tim G 1+3+1;2—1+1;0+1+1 hay G 522
3 3 333
Trong khéng gian Oxyz , tim toa do cua vécto u=i+ 2] —k.
A u=(L2-1). B. u=(-121). C.u=(21-1). D. u=(-112).

Hwéng dan giai
Chon A
Tac6 i=(L0;0), j=(0;10), k=(0;0;1). Nén u=i+2j—k =(12-1).
Trong khong gian véi hé toa do Oxyz, cho diém M (2,-1;-3). Tim toa d¢ diém M’ ddi xing
véi M quatruc Oy.
A.-M'(-2-1-3).  B.M'(-2-13).  C.M'(2-13). D. M'(2,L-3).

Huéng din giai



Céu 62:

Céu 63:

Céu 64:

Céau 65:

Chon B.
Goi o la mit phang qua M va vudng géc v6i Oy, M, 1a hinh chiéu cia M Ién Oy, ta co:

a:y+1=0;M,(0;-10).
M’ ddi xtmg véi M qua truc Oy < M, la trung diém MM’ =M'(-2;-13).

Trong khong gian vai hé truc toa do Oxyz cho A(12;0); B(3;-11) va C(1;1;1). Tinh toa do

trong tdm G cua tam giac ABC.
A G Egz . B.G _E;Z;Z . G E;—2;E . D. G §;_Z;_Z .
333 333 3 33 3 3 3
Hudéng din giai
Chon A.

1+3+1 2-1+1 0+1+1 522
X : hay G| —;=;=|.
333

Toa do trong tam G ( X ;
3 3
Trong khdng gian véi hé toa dd Oxyz, cho OM =(15;2), ON =(3;7;-4). Goi P 1a diém
dbi xang voi M qua N . Tim toa d6 diém P.
A. P(5,9;-10). B. P(7;9;-10). C. P(5;9,-3). D. P(2;6;-1).
Huwdéng din giai
Chon A.
Tacé: OM =(15;2) = M (15;2), ON =(3,7;,-4) = N(3,7,-4).
Vi P la diém dbi xang voi M qua N nén N Ia trung diém cia MP nén ta suy ra dugc
Xp =2Xy — Xy =5
Yo =2Yy —Yu =9 =P(59,-10).
z, =22, -1, =-10

Trong khang gian véi hé toa dd Oxyz, cho hai véc to U =(~13;-2) va v=(2;5,-1). Tim toa
do cua véc to a=2u-3v
A. a=(-89-1). B.a=(-8-91). C.a=(8-9-1). D a=(-8-9-1).
Huéng dan giai
Chon D.
2u=(~2,6,-4); 3v=(6;15-3) = a(-8,-9;~1) (do a=2u-3v).

Trong khong gian véi hé toa do Oxyz, cho hai diém A(-2;12),B(6;—3,—2). Tim toa do trung
diém E cua doan thang AB.
A. E(2-10). B. E(2,1,0). C. E(-2,1,0). D. E(4,-2;-2).
Huéng dan giai
Chon A.
o X, + Xg =—2+6=
2 2

2

Goi E(x,Y,2) la trung diém ciia AB.Taco: {y= yA;yB = 1+(2_3) =-1=E(2,-10)

Z=ZA+ZB =2+(_2):0
2 2




Céu 66: Trong khong gian vaéi hé toa doOxyz , cho OA= 2?—3] +7K. Tim toa do diém A.
A. A(-2,-3,7). B. A(2,-3,-7). C. A(23,7). D. A(2,-3,7).
Huéng dan giai
Chon D.
Do a=xi+yj+zk ©a=(xy;2)=>0A=(2-37)= A(2-37).

CAau 67: Trong khdng gian véi hé toa do (O; i, IZ),cho hai diém A, Bthoa min OA=2i — j+kva

0 J
1 3 . 1
A M[_E; 1; —2). B. M(E; 0; —1) C. M (3 0; -2). D. M(E; -1 2).

Hudéng din giai
Chon B.

Taco: A(2; -1 1),B(L; L —3):M(g; 0; —1)..

Cau 68: Trong khong gian vai hé toa dd Oxyz, cho A(L-3;2), B(0;L-1), G(2-11). Tim toa do

diém C sao cho tam giadc ABC nhan G & trong tam.

A. C(l;—l;%j. B. C(3-32). C. C(5-12). D. C(310).
Huéng din giai
Chon C.
Xp + Xg + Xe = 3Xg 1+0+x. =3.2 X. =5
Taco q Y, +VYe +Ye =3Ys ©1-3+1+y. =3.(-1) &y, =-1=C(5-12)
Z,+25+2. =3, 2+(—1)+Zc:3-1 Z.=2
MUC PO 2

Cau 69: Trong khdng gian voi hé toa &6 Oxyz, cho diém A(L2;3), trén truc Oz lay diém M sao cho
AM =5 Toa d cia diém M 1a
A. M (0;0;3). B. M (0;0;2). C. M(0;0;-3). D. M(0;3;0).
Hudng dan giai
Chon A.
Do M €0z = M (0;0; m)

AM = \/(m—3)> +5 . Mt khic AM =+/5 nén
«/(m—3)2+5:\/§<:>m—3:0<:>m:3 suy ra M (0;0;3)
A(L0;1)

Cau 70: Trong khong gian véi hé toa do Oxyz, cho hinh hop ABCD.AB'C'D’. Biét :
B'(212) D(E-51) C(455) Gyiteado cuadinh  (3%) Knids 2a+b+c bing
A. 3. B.7. C. 2. D. 8.



Cau 71:

Cau 72:

Cau 73:

Huéng dan giai

Chon C L P
Tacd B Cisss)
A'D'=(1-a;-1-b;1-c) S "
AB'=(2-al-b;2-c) Afi;'_/ ,,,,, D131
AA=(1-a;-b1-c) TN
AC=(4-a;5-b;-5-c) FEly <
Theo quy tac hinh hop, ta )
a=0
4-a=4-3a .
AC=AB +AD'+AA< {5-b=-3bp < b=—§
-5-c=4-3c 9
c=—
2

Vay 2a+b+c=2.
Trong khéng gian véi h¢ truc toa do Oxyz cho diém 1(-5;0;5) 1a trung diém cua doan MN ,
biét M (1,—4;7). Tim toa do cia diém N .
A. N(-10;4;3). B. N(-2-26).  C.N(-11-43).  D. N(-11;43).
Huwdéng din giai
Chon D.

| (-5;0;5) la trung diém ctia doan MN nén ta co

Xy + Xy
=m0
g Xy = 2X, — X, Xy =2(-5)-1 X, =—11
ylz%: Yo =2V, — Yy 1Yy =20—(-4) =]y, =4 .Suyra N(-114;3).
— zy =21, -1, z, =25-7 zy =3
Z|: M2 N

Trong khong gian voi hé toa d6 Oxyz, cho ba diém M (0;1,2), N(7;3;2), P(-5,—3;2). Tim

toa do diém Q théa man MN =QP.

A. Q(125;2). B. Q(-12;5;2). C. Q(-12-52).  D.Q(-2-12).
Hudéng dan giai

Chon C.

Xy — Xy =Xp —Xg 1==5—X, Xo =-12
Tacé:W:@Q Y=Y =Yp Yo 12=-3-Y,<1Yo=-5 néntachon C.
0=2-2, ,=2

Zy —Zy =1, — I,

Trong khong gian véi hé toa d6 Oxyz, cho tam giac ABC c6 A(1;2;-1), B(3;0;3). Tim toa
do diém C sao cho G(2;2;2) la trong tm tam giac ABC.



Céu 74:

Cau 75:

Céau 76:

A. C(2;4,4). B. C(0;2;2). C. C(8;10;10). D. C(-2,—4;-4).
Loi giai:
Chon Al
X = X, + Xg + Xg
3 X =2

G latrong tam tam giac ABC yG:L;erC: Yo =4=C(2;4;4)
2,2+,

¢ 3

z. =4

Trong khong gian vai hé truc toa do Oxyz, cho hinh hop ABCD.A'B'C'D’. Biét toa do cac
dinh A(-3;2;1),C(4;2;0), B'(-2;1,1), D'(3;5;4). Tim toa do diém A’ caa hinh hop.

A. A(-331). B. A'(-3-33). C. A(-3-3-3). D. A'(-333).
ChonD.

. . 1,1 . . 1.5
Goi | 1a trung diem cua AC :I(E;Z;EJ.GQI J 1a trung diém cua B'D':>J[?3;Ej.

Xy +3=0 Xy =—3
Tacé W =(0;12) vaTacod AA'=1J &1y, —2=11y, =3 . Vay A(-333).
Z,—-1=2 Z,=3

Trong khdng gian véi hé toa do Oxyz, cho hai diém A(3;2;-1),B(5;4;3). Ki hiéu diém M

thudc tia ddi cua tia BA sao cho % =2.Toadd caadiém M a

A. EE? : B. —5;—2;E : C. (7:6;,7). D. (13;,115).
3 33 3 33
Loi giai
Chon €

Goi M (X, Y, Z). Theo yéu cau bai toan: AM =—2MB
x—-3=-2(5-x) X=7
y—-2=-2(4-y)=y=6
z+1=-2(3-2) z=1

Cho ba vecto khéng ddng phang a=(% 2;3), b:(_l;_B;l), C:(Z;_1;4). Khi @6



Cau 77:

Céu 78:

Cau 79:

Céau 80:

Cau 81:

vectod = (-3 -45) phan tich theo ba vecto khong ddng phiang a, b, ¢ 1a

A.d=2a-3b-c. B.d=2a+3b+c. C.d=a+3b—c. D. d=2a+3b-c.
Huwéng dan giai
Chon D.
X—y+2z=-3 X=2
Giasrtaco: d=xa+yb+zc<{2x-3y-7=-4<{y=3 =d=2a+3b—c
3X+y+4z=5 z=-1

Trong khong gian voi hé toa do Oxyz, cho hinh binh hanh MNPQ c6 M(2;0;0),
N (0;-3;0), P(0;0;—4). Tim toa d¢ diem Q.

A. Q(-2,-3,4). B. Q(2,3,-4). C. Q(-2-3;4). D. Q(44,2).
Hudéng din giai
Chon B.
Ta co: MN =(-2-3,0), QP =(—X,i—Yoi 42, ). Ttr gidc MNPQ Ia hinh binh hanh khi va
—Xg = -2 Xo = 2

chi khi MN=QP <:-y,=-3 <1y, =3 .Vay Q(234).

—4-2,=0 2, =4

Trong khong gian véi hé truc toa do Oxyz, cho ba diém A(3;2;1),B(1;-1;2),C(1;2;-1). Tim
toa do diém M thoa man OM =2AB- AC.

A. M(-2; 6; —4). B. M(2; -6; 4). C. M(-2; -6;4).  D. M(5; 5; 0).
Loi giai

Chon C.

Taco:

AB =(-2;-3,1)= 2AB =(~4;-6;2)

AC = (-2;,0,-2)= ~AC = (2;0;2)

= OM =(-2,-6;4) = M (-2,-6;4).

[2H3-1.2-1]:Trong khong gian vai hé toa dd Oxyz, cho ba diém A(1;0;-2), B(2;1;—1). Tim do
dai caa doan thang AB ?

A 2 B. \18 C.24/7D.\3

Trong khong gian vai hé toa @ Oxyz, Cho ba vecto a=(L;2;1), b=(-3;5;2),c =(0;4;3). Tim
toa do cuavecto n=a+b-2c-3k va do dai cua vecto n=a+b-2c-3k?

n=(2;,-1-6) n=(-2;1-6) n=(-2;-16) [n=(-2;-1-6)
A. ‘ﬁ‘:\m B. \ﬁ\zm C. \ﬁ\leﬁ D. ‘ﬁ‘:m

Trong khong gian véi hé toa d6 Y2, cho ba vecto 2= @21 b=(=352),c=043) T3y, 4o
dai cia vecto M=2a-30+4c+5],

A. /258 B. \/825 C. \/528 D.+/285



Céau 82:

Céu 83:

Céau 84:

Céu 85:

Trong  khéng  gian  voi  hé  toa d6  OWZ,  cho  bén  didm
A(2,0,0) B(0;2,0) C(0:0;2) ;3 D(Z22) Tim ban mat ciu ngoai tiép tir dien ABCD?
A.3B. 3 C. V3 D. 2

2 g
Trong khong gian vai hé toa do O¥Z | cho ba diém ALZ-1) BE04) C2L-D) pg gaj

duong cao ha tir dinh A cua AABC la:

5 33 50
A. 5\/6 B.\[5o C. 5\/§D.\/%
Trong khong gian véi hé toa do Oxyz, cho hai vecto a(4;-2;-4),b=(6,-32) thi
‘(25—36)(5+26)‘ c6 gié tri a:
A. 200 B. 4200 C. 2007 D. 4200
Trong khong gian véi hé truc toa do Oxyz, cho diém A(3;0;-2) va mat cau

(S):(x=1)" +(y+2)" +(z+3)° =25. Mot dudng thang d di qua A, cit mat ciu tai hai diém
M, N . Do dai ngan nhat caia MN 14
A 8. B. 4. C.6. D. 10.
Loi gii
Chon A.
Mit cdu (S):(x=1)"+(y+2)" +(z+3)° =25 c6 tam 1(L-2-3);R =5
Taco: Al =3<5=R. Nén diém A nim trong mat cau.
Goi H 1a hinh chiéu ctia | trén dudng thang d.

Trong tam giac vuéng AIAH vaAIHM Tacé: IH < IA; %MN =HM =+/IM2 = IH?

Do d6 @& MN,, thi IH,, = IH = 1A= MN =2HM =2/IM? — A =8,

D

Cau 8 Trong khong gian Oxyz cho diém M(2-2-5) va dudng thing

d): X1 oY+ 2 pis N(abic) thude (d) va do dai MN ngén nhdt. Téng a+b+c
1

N

2 1
nhén gia tri nao sau day?
A. 1. B. 3. C. 2. D. 4.
Loi giai
Chon C.

N e(d)=N(1+2t;-1+t;—t).

MN = /(2 -1)" +(1+t) +(5-t)° = [6(t-1)° +21> 21




= MN ngin nhit bing v21 khi t=1khi d6 N(3;0;-1) =a+b+c=3+0-1=2.
A . A : Ly A A N A sV alnY 4 A(21L3)
Céu 86: Trong khéng gian véi hé toa do Oxyz, cho hinh hgp ABCD.A'B'C'D’ co

B(0:-1-1). C(-1-20). D'(3-21) Tnh thé tich hinh hop.

A. 24, B. 12. C. 36. D. 18.

Huéng dan giai

Chon A.

Tacé BA=(2;24); BC=(-1-11)
0

[B—A;EJ =(6;-6;0) = Sppep = ‘[ﬁﬁ] = mz 672 .
Mt phing (ABCD) di qua diém A(2;1,3) va c6 vecto phap tuyén [ﬁ;%}:(s;—a;o) co
phuong trinh: 6(x—2)—-6(y—1)+0(z-3)=0<x-y-1=0.
h :d(D’;(ABCD)):w:Z\E.
1" +(-1)
Vay thé tich hinh hop 14 V = S, h=61/2.242 =24 .

Cau 87: Trong khdng gian voi hé toa dd Oxyz, cho hinh hop ABCD.AB'C'D’ ¢ A(Z;l'3);

B(0:-1-1), C(-1-20). D'(3-21) inh tné tich hinh hap.
A. 24. B. 12. C. 36. D. 18.

Hudéng dan giai

Chon A

Tacé BA=(2,2;4); BC=(-1-11)



Cau 88:

Cau 89:

[B—A;E] =(6;-6;0) = Sppep = ‘[ﬁﬁ] = Wz 642 .
Mat phang (ABCD) di qua diém A(2;13) va co vecto phap tuyén [EA\; EJ =(6;-6;0) co
phuong trinh: 6(x—2)—-6(y-1)+0(z-3)=0<x-y-1=0.
h :d(D’;(ABCD)):w:Z\E.
1" +(-1)
Vay thé tich hinh hop 1a V =S, h=6y2.242 =24.
Trong khong gian Oxyz, cho diem A(-2;2;-2),B(3;,-3;3). M 1a diém thay ddi trong khong

gian thoa man % = % Khi d6 d6 dai OM Ién nhét bang?

A 12./3. B. 6/3. C. # D. 543.

Loi giai
Chon A.
Goi M (x;y;z). Tacé:
MA 2 2 2 2 _o\2 27 Y 2 Y
e = < IMA” =4MB @9[(x+2) +(y-2) +(z+2) }—4[(x 3 +(y+3) +(z 3)}
< X2 +y? +2° +12x—12y +122 =0 = M € mit cau (S) tdm |(—6;6;—6) ban kinh R=6+3

Khi d6 OM ,, =d(O;1)+R =0l +R =63+ 643 =1243.

Cho tam gidc ABC véi A(L2;-1), B(2;-13), C(—4;7;5). Po dai phan giac trong cua
AABC ké tir dinh B la
alzy g 20 c. 3. . 2430.
5 3 3
Gial
Chon B.
Goi D(a;b;c) la chan duong phan giac ké tir dinh B



., BA AD 1
Tac) —=—=-"=
BC CD 2

Cau 90: Trong khong gian véi hé toa dd Oxyz, cho ba diém 4 0;0,0 , B 0;1;1,C 1,0;1. Xét diém D
thugc mat phang Oxy sao cho tir dién ABcD 1a mot tir dién déu. Ki hiéu D x,;v,;z, 12 toa do
cta diém D. Tong x, +y, bang:

A 0. B. 1. C. 2. D. 3.
Hudéng din giai

Chon C.
Tinh dugc AB=BC=CA=A2.
DA=\2
Do De Oxy ——D x,;9,;0 . Yéu cau bai toan <> DA= DB=DC =12 < {DB=12
DC =2

¢x§+y§=«/7 X +yi =2
x, =1
& 1}x§+ y0—12+1:\5<:> x5+ y0—12:1<:> 0 1—>x0+y0:2.
Yo =
2
Jo-1U+0+1=42 [#%-1 +5=1



